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Abstract
A new combined method for an investigation of the MHD activities in fusion experiments has been developed. The main advantages of this approach
are the simultaneous use of several diagnostics (magnetic probes, soft X-ray
cameras, electron cyclotron emission and motional Stark eﬀect diagnostics)
and the possibility for a direct comparison of theory predictions with the experimental observations. This method has been implemented into the MHD
Interpretation Code (MHD-IC) and allows to investigate complicated mode
structures which are not resolved by the available tools (tomography etc.).
The code simulates experimental observations related to a given plasma perturbation for the diagnostics mentioned above, accounting for real plasma
geometry and for measured plasma parameters. Then the calculated values
are compared with the corresponding experimental data. The method has
been successfully applied to diﬀerent types of MHD instabilities on ASDEX
Upgrade.
For example, the investigation of fishbone activities in the conventional
scenario shows that the displacement eigenfunction is an ideal (1, 1) kink
mode which get a resistive character for β N > 1.8.
The main analysis eﬀorts however were focused on more demanding examples due to the more complicated mode structure in advanced tokamak
scenarios. As an example, in this case the displacement eigenfunction for double tearing modes (DTM) was obtained using MHD-IC code. The growth
rate of the DTM calculated from the displacement eigenfunction agrees well
with numerical MHD simulations and the experiment. The time evolution of
a MHD instabilities which accompanies the formation of internal transport
barriers was investigated as well. It shows the behavior of two coupled (2, 1)
modes. Furthermore, the MHD activity causing a disruption was investigated in typical reversed shear discharges on ASDEX Upgrade. The main
reason for the disruptions is an external mode or an internal (3, 1) tearing
mode.
In addition, the structure and the position of the observed MHD phenomena are applied to improve the equilibrium reconstruction. This betterment
is especially important in the plasma core region where the large error bars
of the MSE measurements do not allow for an accurate determination of the
q-profile.
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Chapter 1
Introduction
1.1

General Introduction

The controlled nuclear fusion of deuterium (D) and tritium (T ) atoms in
a plasma promises an almost inexhaustible source of energy. It will also
ensure higher environmental safety compared to nuclear fission. When the
D − T plasma is heated to thermonuclear conditions, an "ignition" can be
maintained in the plasma (when the fusion born particles provide enough
heat to compensate for the heat losses). However, even for this most favorable
fusion reaction
D + T →4 He (3.5M eV ) + n (14.1M eV ) ,

(1.1)

this plasma must be heated to a very high temperature T ∼ 20keV (230
million K) and must be confined for a long enough time to satisfy the Lawson
criterion [1]:
nτ E_conf & 1.5 · 1020 m−3 s ,
(1.2)
where τ E_conf determines the energy confinement time (the ratio of the energy stored in the plasma to the heat loss rate), and n is the plasma density.
In the future, further increasing of the plasma parameters might even give
the opportunity to achieve necessary conditions for more preferable D − D
and D −3 He reactions, which would be characterized by very small neutron
flux and avoid many problems with tritium handling.
During last fifty years many diﬀerent approaches were investigated in order to maintain the thermonuclear reaction. Among them, the most advanced
concept towards the achievement of the required fusion reactor parameters
3

Figure 1.1: Principle scheme of a tokamak. The plasma is the second winding
of the transformer. The plasma current is produced by induction.
is a so-called tokamak configuration1 . This approach was proposed by the
Russian physicists Tamm and Sakharov [2]. The tokamak is a toroidal system which confines the plasma by a magnetic field [3]. The main magnetic
field is the toroidal field Bφ . However, this field alone does not allow the
confinement of the plasma and an additional poloidal magnetic field Bθ is
necessary for an equilibrium which has the plasma pressure balanced by the
magnetic forces. This additional field is produced by a large toroidal current
in the plasma and by outer poloidal field coils (see Fig.1.1). The combination of the toroidal field Bφ and the poloidal field Bθ results in magnetic field
lines with helical trajectories around the torus lying on so-called magnetic
surfaces. That way, the hot charged particles are confined and cannot travel
in radial direction along magnetic field lines. An external energy source
generates initial current in the primary winding of a transformer and the
toroidal plasma current is produced by induction. Thus, the plasma itself is
the secondary winding of the transformer (see Fig.1.1). As an example, the
cross-section of the ASDEX Upgrade tokamak is shown in Fig.1.22 . A lot of
additional magnetic coils help to variate shape of the plasma and to control
1

From the Russian toroidalnaia kamera s magnitnoi katushkoi (toroidal chamber with
magnetic coils)
2
Main plasma parameters of the ASDEX Upgrade tokamak are given in appendix A.
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Figure 1.2: Cross-section of ASDEX Upgrade tokamak.
its behaviour during tokamak operations.
At the beginning of a discharge the tokamak plasma is heated by ohmic
dissipation of the plasma current but this heat is not enough for the typical
fusion parameters described above. Thus, additional heating schemes such
as the injection of high energy neutral beams or launching electromagnetic
waves into the plasma are applied in fusion experiments [3]. Once ignited
the nuclear reaction in the plasma would be completely self-heating through
the fusion-born α-particles3 .
Unfortunately, diﬀerent types of instabilities appear in the plasma. These
instabilities strongly reduce plasma parameters and may even lead to disruption (dramatic event in which the plasma confinement is suddenly destroyed).
The investigation of the instabilities is therefore of crucial importance and
will be the subject of this thesis.
3

Nuclei of 4 He atom with energy 3.52M eV
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1.2

Magneto-hydro-dynamics

A magnetically confined plasma can be described as a conductive fluid. The
typical fluid approximation is based on the assumption that the system is
locally close to the thermodynamic equilibrium, which requires a certain rate
of collisions and dissipation. For that case, the mean free path λ should be
shorter compared with typical gradient scales, λ |5f| ¿ f [4]. The mean free
path in hot plasmas becomes very long, but at the same time in a magnetized
plasma gradients parallel to the fields are getting very weak, and the fluid
description can be applied. For perpendicular directions, the mean free path
is about the gyroradius ρ (ρ = v⊥ /ω c , where ω c is the cyclotron frequency
and v⊥ is the thermal velocity perpendicular to the magnetic field), which
is typically very small and the condition is also fulfilled. Consequently, the
fluid description can be applied to the plasma.
Magneto-hydro-dynamics (MHD) implies magnetic fluid dynamics and
applies to investigate macroscopic dynamics of the plasma. It is a model
system designed to deal with an electrically neutral fluid which nevertheless
consists of moving charged particles, and reacts to magnetic fields. The
MHD model is a combination of Maxwell’s equations with the equations of
gas dynamics and equations describing the interaction of the conductive fluid
with the magnetic fields (Newton’s equation of motion for a fluid element).
The result system of the resistive MHD equations together with the adiabatic equation [4, 5]:
dρ
= −ρ∇ · v
dt
dv
ρ = j × B − ∇p
dt

(mass conservation)

(1.3)

(momentum equation)

(1.4)

j = ∇ × B/µ0

(Ampere’s law)

(1.5)

∂B
= −∇ × E
∂t

(Faraday’s law)

(1.6)

(Ohm’s law)

(1.7)

(absence of magnetic charges)

(1.8)

E + v × B = ηj
∇·B =0

dp
= −γp∇ · v
dt

(adiabatic equation)
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(1.9)

These equations are solved to investigate a plasma equilibrium and the stability of this equilibrium to perturbations. A possible way is to solve these
equations directly and this possibility is for example implemented in the
XTOR code [6, 7]. Another approach is a linear analysis which simplifies
these equations by the assumption of a perturbation to be much smaller
compared to the corresponding equilibrium quantity (e.g., CASTOR code4 ).

1.3

Energy principle

Besides solving the Eqs.(1.3 - 1.8) directly, another useful approach for a
stability analysis is the energy principle. The energy principle of ideal MHD
is based on the idea that an equilibrium is unstable if any perturbation of the
equilibrium lowers the potential energy. It describes so-called ideal modes
(resistive modes appear when the resistivity η becomes important in the
equations). The potential energy change due to an arbitrary displacement ξ
can be calculated using Eqs.(1.3 - 1.8) and the linear approximation [3, 8].
The force arising from the displacement ξ follows from the momentum
equation:
³ ´
∂2ξ
F ξ = ρ 2 = j1 × B0 + j0 × B1 − ∇p1 .
∂t
Consequently, the energy change resulting from this displacement ξ(x) of the
plasma is given by the integral
Z
1
δW = −
ξ · F dτ
(1.10)
2
δW < 0 (unstable)
δW > 0
(stable)
The plasma is unstable if δW is negative for any physically allowed ξ, and
the plasma is stable if δW is positive for all allowed ξ.
Rewrite the equation (1.10) into a more convenient form with separated
plasma and vacuum parts leads to [3]:
δW = δWvacuum + δWplasma
Z
δWvacuum = (Bv 2 /2µ0 )dτ
v

4

Brief description of these codes is done in Appendix C.
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(1.11)
(1.12)

δWplasma

1
=
2

Z

pl

(γp0 (∇· ξ)2 +(ξ · ∇p0 )∇ · ξ +

B1 2
− j0 · (B1 × ξ))dτ , (1.13)
µ0

where Bv is the vacuum magnetic field and the indexes (0/1) describe the
equilibrium and the perturbed quantities respectively. There are only two
terms which can be negative. These terms are underlined in Eq.1.13. Consequently, there are two diﬀerent sources of the instabilities: one proportional
to ∇p0 and the other to j0 . The MHD instabilities in which the dominant
destabilizing term is proportional to ∇p0 are known as pressure-driven modes.
The dominant driving source of a current-driven mode is proportional to j0 .

1.4

Two important parameters in MHD stability: q, β

In a tokamak equilibrium the magnetic force balances
the plasma pressure: j × B = ∇p, and this requirement
constructs a set of nested magnetic surfaces on which
j and B are constant. Each of these surfaces can be
characterized by its own value of the magnetic flux
and called flux surface [9, 10].
Using these surfaces we can introduce the safety factor q. This name is
because of the role it plays in determining the stability. In general terms,
greater stability corresponds to higher values of q. In an equilibrium configuration each magnetic field line has a value of q and follows a helical path
around the torus on its own magnetic surface. The definition of the q-value
for a field line is following:
∆φ
q=
,
2π
where ∆φ is the toroidal angle at which the field line returns to the same
position in the poloidal plane [3]. For instance, the "safety factor" equals
to one corresponds to a magnetic surface with field lines joining up on itself
after exactly one rotation around the torus. Magnetic surfaces with rational
values of q are very important in stability analysis. If the field line joins up
on itself exactly after n toroidal and m poloidal rotations around the torus,
the safety factor reads
m
,
(1.14)
q=
n
8

where n and m are integers, perturbations are easily excited on these surfaces
since the field lines do not cover these surfaces ergodically. These flux surfaces
are called resonant surfaces and a standing wave with mode numbers (m, n)
can occur.
Another parameter which has to be introduced is the plasma parameter
β, which is defined by
β≡

p
B 2 /2µ

=
0

plasma pressure
.
magnetic field pressure

It is a measure of stability against pressure driven modes for a given magnetic
field strength and also shows the eﬃciency of confinement of plasma pressure
by the magnetic field [11].

1.5

Characteristics of MHD activities

MHD instabilities play two diﬀerent roles in fusion experiments. On the
one hand, their influence is negative and they limit the accessible operating
regime and restrict the fusion output and minimum power plant size. On
the other hand, these instabilities can be used to achieve quasistationary
discharge conditions. For instance, they can limit the impurity accumulation
in the plasma.
An MHD instability is characterized by:
• mode numbers (m, n)
• mode frequency (ω), growth rate (γ)
• radial structure of the eigenfunction (ξ)
The poloidal (m) and the toroidal (n) mode numbers determine the helicity of the instability. The frequency of the mode (ω) represents the rotation
frequency of the instability. Growth and decay of the instability are characterized by the growth rate parameter (γ). The displacement eigenfunction
(ξ) represents the shift of the magnetic field lines due to the MHD mode.
This displacement depends on the type of the instability and varies across
the plasma radius.
The MHD activities in tokamak usually have a helical structure around
the torus as it is shown for a tearing mode in Fig.1.3 [12]. In this example,
9

Figure 1.3: Example of a tearing mode spacial structure.
the finite resistivity of the plasma allows for the magnetic lines to reconnect
and form islands. It is convenient to introduce for such type of instabilities
an additional parameter: the island width (W ). It describes the maximum
width of the island structure.
To demonstrate diﬀerent forms of MHD instabilities, the field perturbation due to a tearing mode and an ideal kink mode are shown in Fig.1.4
together with the radial component of the displacement eigenfunctions. It
becomes obvious that for a resistive mode the island width W is simply the
distance between the minimum and maximum value of ξ 0 . On the other
hand, the internal kink (m = 1, n = 1) mode is characterized by a rigid shift
of the plasma inside the q = 1 surface and does not form an island. The
displacement ξ 0 is a simple step function in this case. These two modes represent typical resistive (tearing mode) and ideal (kink mode) types of MHD
activity. Characteristic for a resistive instability is the change in sign of
the displacement ξ 0 , in contrast to an ideal instability. Besides the diﬀerent
displacement eigenfunctions, resistive and ideal instabilities diﬀer, e.g. in
driving forces and growth times.
Using various diagnostics, all the above mentioned information characterizing an MHD instability can be gained. For instance, a tearing mode has
a constant temperature inside the island which is observable by the temperature profile measurements. Due to the plasma rotation in the tokamak, the
10

Figure 1.4: Examples of MHD instabilities. Sketch of the magnetic field
surfaces in the vicinity of the resonant surface together with displacement
eigenfunction for a tearing mode (left) and for an ideal (1, 1) kink mode
(right).
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tearing mode moves and produces variations of the magnetic field which also
can be detected by magnetic probes.

1.6

The aim of the work

As was mentioned above, the main aim of the fusion experiments is the
plasma confinement which is strongly restricted by various MHD instabilities.
For example, island formation in the plasma creates a heat bridge (since
across the island temperature is constant), which leads to heat flow from the
plasma center. This cooling process reduces the confinement and may even
lead to disruption when the island becomes large. The kink mode, described
in the previous section, may reduce β-value by ejection of fast ions from the
plasma core. The external kink mode characterized by a large displacement
on the plasma boundary also may lead to disruption. There is a wide variety
of plasma instabilities which have diﬀerent influence on the plasma. In order
to obtain a good plasma confinement some of these instabilities should be
avoided, the others can be controlled. Thus, it is of special importance
to understand the reason for their appearence. This can be gained either
directly from the spartial structure and time behavior of the instability or
from a comparison of the mode structure with theory. As will be shown later,
the MHD instabilities may have a rather complicated structure. The main
aim of this work is to investigate these instabilities.
Unfortunately, the available tools (tomographic reconstruction etc.) often cannot resolve the mode structure, especially in complicated cases which
frequently appear in advanced tokamak scenario. Thus, a new approach is
required. For that purpose a method for a combined use of diﬀerent experimental observations has been developed and implemented in a computational
code. This method allows to handle these complicated cases. The code also
provides a direct link between theory and experiment by simulating both, the
experimental observable signals following from a given eigenfunction and vice
versa, constructing an eigenfunction from diﬀerent experimental diagnostics.
This method was applied to investigate a wide range of plasma instabilities in
advanced and conventional tokamak scenarios in ASDEX Upgrade tokamak.
This work is organized as follows. We begin with a brief overview of
the diagnostic tools related to the identification of MHD activities (chapter
2), and describe then the applied methods of MHD analysis and modeling
(chapter 3). After that, examples of investigations of MHD instabilities in
12

conventional and advanced tokamak scenarios on ASDEX Upgrade are given
(chapters 4-6). At the end of this work we demonstrate additional benefits,
which one can gain from the MHD analysis for the equilibrium reconstruction
(chapter 7).
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Chapter 2
Diagnostic tools for MHD
activities
A variety of diagnostics is used in plasma physics to measure temperature,
density, current profiles and other plasma parameters. Some of these methods
can give information about plasma instabilities. This work will focus on
four diagnostics, and especially on their simultaneous use to gain detailed
information about the observed MHD instabilities. These are: magnetic
measurements (Mirnov coils), soft X-ray cameras (SXR), electron cyclotron
emission (ECE) and motional Stark eﬀect (MSE). The ASDEX Upgrade
tokamak is equipped with all of these diagnostics.

2.1

Magnetic measurements

From the beginning of tokamak researches small magnetic coils (Mirnov coils)
have been widely used as a diagnostic method [13, 14, 15]. On ASDEX Upgrade the magnetic measurements consist of a set of 32 poloidal and 10
toroidal Mirnov coils to register Ḃθ [16], and a set of poloidal and toroidal
ballooning coils to detect ḂR . Using these coils, plasma perturbations can be
detected at the plasma edge even if their amplitude is quite small. Experimental observations show that the modes usually rotate in poloidal direction
with time scales 103 times shorter than typical time scales for changes in the
equilibrium magnetic field. Magnetic coils detect the time derivative of B
and therefore the instabilities can be registered even when their magnetic
perturbations are only 10−3 of the equilibrium magnetic field.
14

Figure 2.1: Determination of the poloidal mode number from the magnetic
measurements. The raw data are analyzed with a fast Fourier transform. To
extract the dominant mode number, the field perturbation due to the mode
with the dominant frequency is plotted. Following the poloidal direction for
a time point, one can find three maximums of the magnetic signal. (Number
of the periods corresponds to the number of maximums for a time point.)
Each maximum matches to an island. Consequently, poloidal mode number
is the number of the periods (m = 3).

15

By making measurements at diﬀerent poloidal and toroidal locations the
structure of magnetic perturbations (m, n) can be determined as well as
their amplitudes and frequencies. These measurements are routinely used on
ASDEX Upgrade for identification of the poloidal and toroidal mode numbers
and the frequencies of MHD modes.
The location of the magnetic coils on ASDEX Upgrade in a poloidal
cross-section is shown in Fig.2.1a. Fig.2.1b shows the usual analysis of the
Mirnov measurements. The raw experimental data are analyzed with a Fast
Fourier Transform (FFT). In many cases the spectral function shows only one
dominant frequency. In order to find the dominate mode number, the field
perturbation due to the mode with the dominant frequency is plotted, and
the points of equal phase are connected each other (see Fig.2.1b). Following
the poloidal direction for a time point, one can find three maxima of the
magnetic signal. The poloidal mode number is simply the number of these
maxima (or the number of the periods). In the example of Fig.2.1 it is a
m = 3 mode. The same algorithm is applied to determine the toroidal mode
number from the toroidal set of coils.
From magnetic measurements detected outside the plasma alone however neither the position of the mode nor the spatial mode structure can
be resolved [17]. Even more diﬃcult is the investigation of coupled modes,
resonant at diﬀerent magnetic surfaces. Magnetic perturbations fall oﬀ with
distance as B ∼ r−(m+1) , where m is the poloidal mode number. Thus, a
perturbation located in the plasma center has much smaller amplitude compared to a perturbation near the plasma edge. In case of two modes with the
same helicity being resonant on diﬀerent radii, no information about the inner mode can be gained from magnetic measurements at all, as its magnetic
perturbation is completely screened by the outer resonant surface. Therefore, additional diagnostics are required for a detailed investigation of MHD
activities.

2.2

Soft X-ray radiation

The soft X-ray radiation (SXR)1 emitted by the plasma is a very good tool to
study MHD activities in the plasma core [18]. ASDEX Upgrade is equipped
1

The radiation between 100eV and 10keV is called Soft X-ray radiation (SXR). On the
high-energy side it has X-ray radiation (between 1keV to 100keV ). On the low-energy
side it is bordered by vacuum ultraviolet radiation (between 6eV and 1keV ).
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Figure 2.2: Position of the SXR cameras on ASDEX Upgrade (a). Determination of the poloidal mode number. The B-camera lines of sights of
ASDEX Upgrade are plotted together with an ideal kink mode structure
and the plasma boundary (b). The FFT transformation is applied to the
raw data from the B-camera. In this case, the spectral function has only
one dominant frequency, and the FFT amplitude for this frequency has one
global minimum. This minimum indicates an m = 1 structure.
with five pinhole SXR cameras with 124 chords [19]. The positions of the
cameras B, C, D, and F on ASDEX Upgrade are shown in Fig.2.2a. These
lines of sight cover the whole plasma volume. This diagnostic provides information about the poloidal mode numbers, the mode frequency, and allows
to perform a tomographic reconstruction [20, 21].
It should be mentioned, however, that the tomographic reconstruction
using the SXR data has some limits and cannot always give a picture of the
plasma instabilities with suﬃcient quality. For the investigation of complex
mode structures (high poloidal mode number, coupled mode activity) the
spatial resolution can be too poor due to the low number of detectors2 .
2

Restricted space limits the number of the detectors. For instance, in the medical
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By using SXR signals from one of the cameras, the poloidal mode number can be determined. An example of this analysis is shown in Fig.2.2.
In Fig.2.2b the B-camera lines of sights are plotted together with an ideal
kink mode structure and the plasma boundary. The FFT transformation
is applied to the raw data. In our case, the spectral function has only one
dominant frequency and the FFT amplitude for this frequency has one global
minimum (Fig.2.2c). This minimum indicates an m = 1 structure. In the
same way, two global minima correspond to m = 2, and so on. Unfortunately, this simple analysis does not work in case of several modes activity
or more complicated mode structures. A more detailed analysis is required
in this case.

2.3

Electron cyclotron emission

As was described before, plasma confinement in tokamaks is ensured by magnetic fields. Since the plasma consists of charge particles (electrons and ions),
they gyrate around magnetic field lines. As a consequence of this motion
electrons and ions emit electromagnetic radiation at the cyclotron resonance
frequency ω c = qBtotal /m , were Btotal is the total magnetic field, q is the
charge of a particle and m is the particle mass. This radiation emitted by
electrons can be used to determine the electron temperature of the plasma
with very high spatial and time resolution [23].
Under tokamak conditions, the plasma is usually optically thick for all
frequencies resonant inside the plasma torus and practically all radiation is
absorbed by the cyclotron resonance in a single pass of the wave through the
plasma. In this case the plasma emits as a black-body radiator (Kirchhoﬀ’s
law) and the radiation intensity is simply related to the electron temperature
[3].
In a tokamak, the major field component is the toroidal field generated by
external coils and depends on the major radius R as Btor (R) ∼ 1/R. Since the
magnetic field is inhomogeneous, the spectral resolution of electron emission
measurements translates into spatial resolution and outputs radial profiles
of Te along one radial line of sight. This radiometry of electron cyclotron
emission (ECE) thus produces local measurements of the temperature inside
the plasma which is advantageous compared to integral measurements by
magnetic coils and SXR cameras.
tomography some 105 chords are available [22].
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sector 9

Figure 2.3: Position of the ECE diagnostic on ASDEX Upgrade tokamak.
Several diﬀerent detectors are installed at ASDEX Upgrade to measure
the ECE radiation. These detectors have diﬀerent regions of applicability
and diﬀerent time resolution. Fast ECE channels give the electron temperature profile with high time resolution (∆t 6 32kHz). It permits to measure
changes in the electron temperature profile owing to the plasma instabilities.
The cut-oﬀ density limit however restricts this method [24]. The lines of
sight of the ECE diagnostic on ASDEX Upgrade is shown in Fig.2.3.

2.4

Motional Stark eﬀect

The current profile in the plasma is determined by the Motional Stark Eﬀect
(MSE) diagnostic. This diagnostic is used to measure the local value of B
and exploits the motional linear Stark eﬀect. An injection beam of neutral
hydrogen atoms is the base for this diagnostic. During injection of the atoms
with velocity v, an electric field in their own stationary frame given by the
Lorentz field EL = v × B is appeared. This field splits spectral lines into
π and σ components which is considerably larger than the Zeeman splitting
in the magnetic field for this case [3]. From this splitting, it is possible to
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sector 1
IslandDraw-file: /u/mat/open/diagnostics/DIV2/mse
../mse.eps

Figure 2.4: Position of the motional Stark eﬀect diagnostic on the ASDEX
Upgrade tokamak. The vertical lines show the positions of the measurement
points.
identify the small poloidal component of the magnetic field and reconstruct
the current profile inside the plasma.
The diagnostic on the ASDEX Upgrade tokamak has 10 spatial channels,
covering about half of the plasma cross-section (see Fig.2.4) [25]. One of the
2.5M W heating beams is used for MSE measurements in the ASDEX Upgrade. The polarization direction of the σ-component of the Doppler-shifted
and Stark-splitted deuterium Balmer-α beam emission is measured with a
time resolution of 3ms [26]. Various calibration technique are used for this
diagnostic and various eﬀects, e.g. Faraday rotation should be taken into account (for the ASDEX Upgrade MSE diagnostic the Faraday rotation varies
from 0.5 to 1.3deg/T ). These eﬀects were included in the equilibrium reconstruction code CLISTE (CompLete Interpretive Suite for Tokamak Equilibria) allowing to determine an equilibrium with a reliable current profile
[27, 28].
The equilibrium reconstruction based on the MSE measurements provides
information on the location of the rational q values in the plasma. This
information is limited however by the relatively large error bars especially
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in the plasma center. The region of the MSE measurements on ASDEX
Upgrade is approximately between ρtor = 0.2 and ρtor = 0.8.

2.5

Conclusions

The overview of the diagnostics shows that there is no universal tool for an
investigation of the observed MHD instabilities. The diagnostics mentioned
above give diﬀerent information from diﬀerent plasma regions and sometimes
overlap each other. Since the existing tools are not suﬃcient to analyse the
MHD instabilities in detail, a new approach is necessary. From this overview
follows that an accumulation of all information from the diagnostics is the
most natural way to increase our knowledge about the MHD activities.
On the other hand, a theoretical investigation of MHD activities provide
additional information. As the complicated geometry excludes the use of
simple theoretical models, complex computer codes have been developed.
These codes are working for the real experimental geometry. They either
start from a linearization of Eqs.(1.3 - 1.8) (e.g., the CASTOR code [29]) or
even solve the full time dependent equations (e.g., the XTOR code [6, 7]).
The results of these codes can be used for example to predict the form of
displacement or the influence of these instabilities on the background plasma.
In the next chapter, we describe the new approach which has been developed to overcome these diﬃculties with investigation of complicated MHD
structures. This approach accumulates experimental information from the
diagnostics described above (Mirnov coils, SXR, ECE, MSE) and uses also
information from computer simulations (XTOR, CASTOR). This allows to
construct a link between the experimentally observed MHD instabilities and
the corresponding theoretical predictions. This approach has been implemented in the "MHD Interpretation Code" (MHD-IC). The code allows to
investigate the MHD instabilities even in case of weak MHD activity or complicated mode structure.
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Chapter 3
The MHD Interpretation Code
3.1

Introduction

The MHD Interpretation Code (MHD-IC) simulates experimental observations related to a given plasma perturbation for the diagnostics mentioned
above, accounting for real plasma geometry and for measured plasma parameters.
The starting point of the simulations is the expected structure of an
instability inside the plasma. As was described before, a saturated instability is characterized by its poloidal (m) and toroidal (n) mode numbers,
the frequency of the mode rotation (ω), and the radial component of the
displacement eigenfunction (ξ 0 ). These three parameters can be determined
from the experiment (magnetic measurements, SXR), and perturbations may
be written in the following form:
ξ = ξ 0 (r) · cos(mΘ + nϕ − ωt)

(3.1)

were Θ and ϕ are the poloidal and toroidal angle respectively. The initial
guess for the form of the radial component ξ 0 (r)1 results from numerical simulations performed using the XTOR code [30, 6], or from theoretical models.
The XTOR code2 allows for full 3-D nonlinear MHD calculations in toroidal
geometry which gives all plasma parameters in each point inside plasma.
The resulting perturbations are decomposed into Fourier components. Using
1

In all equations the plasma radius is normalized to 1. All distances are also given in
this unit if it is not specified otherwise.
2
Brief description of the XTOR code is done in Appendix C.
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Figure 3.1: Parametrized function describing the magnetic perturbation due
to a tearing mode.
only the strongest Fourier component of the eigenfunction, an initial guess
is found for the radial profile of the displacement eigenfunction ξ 0 . For practical reasons, not the eigenfunction itself but a parameterized form is used
in the code, such that only the parameters have to be varied to adjust the
eigenfunction to the measurements. For instance, for a single tearing mode
the radial profile ξ 0 (r) of the perturbation from XTOR is parameterized by
the functional form:
(
(r − rres )b · exp(−( |r−rares | )c )
r < rres
ξ 0 (r, a, b, c, d, rres ) =
(3.2)
|r−rres | c
b
(r − rres ) · exp(−( a ) ) · d r > rres
where a corresponds to the island width (W ), b determines the behaviour
of the function inside the island, c describes the decay of the perturbation
outside the island, d shows the relative amplitude of the two peaks, and rres
is the position of the resonant surface. In Fig.3.1 this function is plotted for
the parameters a = 0.06, b = 3, c = 1, d = 1, rres = 0.5, W = 0.12.
One should note that this special form of ξ 0 is only one of the possible
variants. When necessary, additional parameters were introduced to obtain
a flexible analytical function representing the XTOR results or other theoretical results. Specifically, for double tearing modes an addition parameter
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Figure 3.2: Structure of MHD Interpretation Code.
is introduced to represent the amount of coupling of the modes. In principle,
any other parametrized function can be used for the perturbation as well.
In order to simulate magnetic measurements, a similar approach as for ξ 0 is
used to get the initial values for the current perturbations Jpert (r).
A scheme of how the code works is shown in Fig.3.2. There are two
branches of calculations inside the code. In the first part of the code, the
perturbed magnetic field is calculated from the perturbation current Jpert (r)
at each point inside the ASDEX Upgrade vessel. It gives the possibility to
compare phase and amplitude of the magnetic perturbation resulting from
the calculation directly with the magnetic measurements.
In the second part, the emissivity along each line of sight I (N, t) is calculated and compared with the corresponding values measured by the SXR
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cameras. During this calculation the temperature profile along the ECE line
of sight is calculated as well and compared with the experimental one.
For all calculations an equilibrium reconstruction including MSE data
is used [27, 31]. The results of the MHD activity analysis regarding the
rational surfaces are then applied to improve the equilibrium reconstruction.
The whole analysis is then repeated in an iterative manner.

3.2

Magnetic measurements

The magnetic measurements register the time derivative of the magnetic field
B. Since the equilibrium current changes very slowly compared to the mode
rotation velocity, the Mirnov coils in general detect only perturbation currents. As the equilibrium currents do not play an important role, the plasma
will be represented here only by the perturbation currents. This part of
the MHD-IC code is based on Mirnov Interpretation Code (MIC) which was
designed for interpretation of the Mirnov measurements (M.Schittenchelm,
M.Maraschek, H.Zohm [16, 32]).
Assuming Cartesian coordinates (R, z, ϕ) where R is the major radius, z
represents the vertical coordinate, and ϕ corresponds to the toroidal angle,
the perturbation field can be derived then from the poloidal flux Ψ
1
∇Ψ × eϕ .
(3.3)
R
Substituting the magnetic field from (3.3) in Ampere’s law (3.4), and taking
into account only the toroidal components of perturbation currents (∂/∂ϕ =
0), Ampere’s law (3.4) can be simplified to a 2-D diﬀerential equation (3.6),
which is solved in real experimental geometry 3 .
Bp =

1
µ0 Jϕ = − ∆∗ Ψ ,
R
∇Ψ
∂ 1 ∂Ψ
∂2Ψ
(
)+
were ∆∗ Ψ ≡ R2 ∇ · ( 2 ) = R
.
R
∂R R ∂R
∂Z 2
−(

∂ 1 ∂
∂ 1 ∂
+
)Ψ(R, z) = µ0 Jϕ (R, z)
∂R R ∂R ∂z R ∂z

3

(3.4)
(3.5)
(3.6)

The PLTMG solver for partial diﬀerential equations with finite element grid method
is used in the calculations [33].

25

In the following, the vacuum vessel is considered as a perfect conductor for
frequencies higher than 1kHz. This is confirmed by Mirnov measurements
at the same location inside and outside the vessel wall.
There are however additional metallic structures inside the vacuum vessel (Passive Stabilization Loop (PSL) and support structures). Induction
currents appear in these elements and influence the resulting magnetic field.
These currents are taken into account in a self consistent way.
Finally, the variation of the distance between neighboring flux surfaces
should also be considered. Due to variations of the equilibrium magnetic field
the cross-section of a tube between the neighboring surfaces is changed, but
the current flowing in the tube does not change. Thus, the surface current
inside the tube varies jtube ∼ 1/RBΘ because of this geometric eﬀect. For
our 2-D problem only the toroidal
¶ the current is important and
µqcomponent of
the coeﬃcient becomes jtube ∼

2
/ (RBΘ ) [16].
| B |2 −BΘ

In the MIC code the radial profile of the perturbation current for MHD
modes has been assumed to be a constant over the region close to the corresponding rational surface. This approximation however, is quite inaccurate.
To demonstrate the diﬀerence between this assumption and the shape of a
real perturbation current, the simple case of a tearing mode in cylindrical
geometry will be considered. Assuming the perturbation flux at the plasma
edge being the same, the perturbation fluxes using a step function for the current at the resonant surface and the solution of the tearing mode equation in
cylindrical geometry have been evaluated. As shown in Fig.3.3 the resulting
fluxes and the perturbation currents have significant diﬀerences. Moreover,
this simple assumption for the perturbation current can describe only stable
tearing mode4 . It becomes obvious that for a given magnetic perturbation
as measured by the Mirnov coils, the real plasma perturbations would be
underestimated by only using a constant current density at the rational surface. For a more accurate treatment of the magnetic perturbation within the
plasma, an arbitrary current profile is allowed in the MHD-IC code.
The real plasma shape in tokamaks has much more complicated form than
a simple cylindrical model (e.g. see Fig.1.2). To describe this real plasma
equilibrium it is convenient to use coordinates defined by the field itself. In
this coordinates each field line will be straight and the plasma cross-section
will have a circular form[34]. It is so-called flux coordinates (ρ, θ), where ρ
4

Detailed calculations are presented in appendix B.
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Figure 3.3: Perturbation fluxes and perturbation currents for a (3, 2) mode
resulting from the tearing mode equation (solid curves) and from a ”step
function” assumption (dashed curves). One can see significant diﬀerence
between these approaches (rres = 0.81).
is the radial coordinate and θ is the angle in the flux coordinates. In our
calculations, we use for the radial coordinate either the normalized poloidal
flux radius ρpol or the normalized toroidal flux radius ρtor , which defined as
ρpol =

r

Ψ − Ψa
and ρtor =
Ψs − Ψa

r

Φ − Φa
,
Φs − Φa

where Ψ is the poloidal flux, Φ is the toroidal flux, index s refers to the
separatrix, index a to the magnetic axis. These coordinates are normalized
such that ρ = 0 on the magnetic axis and ρ = 1 on the plasma boundary.
Evaluation of the poloidal angle θ for the flux coordinates is described in
Ref.[32].
The detailed shape of the current perturbation Jpert (ρ) starts from a
parametrized component of XTOR code results as described before. For a
single tearing mode the following parametrization is used

ρ1 < ρ < ρ2
 Jmax · ((ρ − ρ1 )/(ρ2 − ρ1 ))α1
(Jmax − Jmin ) · (ρ − ρ2 )/(ρ2 − ρ3 ) + Jmax ρ2 6 ρ 6 ρ3 (3.7)
Jpert (ρ) =

Jmin · (1 − (ρ − ρ3 )/(ρ4 − ρ3 ))α2
ρ3 < ρ < ρ4
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Figure 3.4: Perturbation current profile for (3, 2) mode, #11681, t=3.3s.
where ρ2 = ρres −W/2 and ρ3 = ρres +W/2. To exclude all geometrical eﬀects,
the initial perturbation current Jpert (ρ) is defined in the flux coordinates (ρ, θ)
and then transformed into Cartesian coordinates (R, z) using equilibrium
reconstruction.
As an example we consider a (3,2) tearing mode. The position of the
mode was found from ECE measurements. The shape of the perturbation
current profile Jpert (ρ) was varied to obtain the best agreement with magnetic
measurements. The best fit for the perturbation current is shown in Fig.3.4
(Jmax = 170, Jmin = −50, ρres = 0.7, W = 0.14, ρ1 = 0.3, ρ4 = 0.95, α1 = 8,
α2 = 3). The resulting perturbation flux due to the (3,2) mode is shown
in Fig.3.5. A comparison of the calculated amplitude and phase with magnetic measurements is shown in Fig.3.6. The distance between the minimum
and the maximum value of the perturbation current is approximately the
width of the islands (see Fig.3.4) [35]. This width derived from the magnetic
measurements (W ≈ 7cm) is in good agreement with the corresponding ECE
measurements (W ≈ 6 − 7cm).
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Figure 3.5: Calculation domain and perturbation flux for (3, 2) mode
(#11681, t=3.3).
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Figure 3.6: Phase (A) and amplitude (B) from calculation (solid lines) compared with experiment (dashed lines) depending on the poloidal angle Θ for
the same discharge as in the previous two figures.
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3.3

Soft X-ray measurements

Signals from soft X-ray (SXR) cameras and electron cyclotron emission (ECE)
give information about the behaviour of MHD modes directly from plasma
interior. Performing measurements along diﬀerent lines of sight allows to
determine the spatial behaviour and the amplitude of MHD activities inside
the plasma.
The energy spectrum of SXR radiation consists of a continuum of freefree bremsstrahlung, free-bound recombination radiation, and bound-bound
line radiation (only minor contribution) [36]. For a Maxwell’s velocity distribution and assuming a hydrogen model for the impurity ions, the radiated
power dε per unit volume in the photon energy interval dE reads
(

exp(−E/Te )
dε
√
,
)f f = αn2e Zef f gf f (Te , E)
dE
Te

(3.8)

where Te is the electron temperature P
in [keV ], ne [1013 cm−3 ] is the electron
density, the eﬀective charge is Zef f = i ni Zi 2 /ne , α = 3 · 1011 is a constant,
and gf f (Te , E) corresponds to the temperature-averaged Gaunt factor. The
intensity results from integration over the photon energy:
Z
ε(r, θ) = ε(E; r, θ)fcamera ff ilter dE .
(3.9)
Standard assumptions can be made to calculate the emissivity along a
SXR line of sight. The line is divided into small pieces of length dl, and the
plasma parameters are assumed to be uniform inside each piece (see Fig.3.7).
The resulting emissivity εtotal is then simply the sum over the emissivities εk
inside each element k, multiplied by the element’s length dl
X
εtotal =
εk · dl ,
(3.10)
k

where
N
n2e X
(E0 + i∆E)
fsum (E0 + i∆E) · exp(−
)∆E .
εk = G · √ ·
Te
Te i=1

(3.11)

The integral in Eq.3.9 is substituted by a sum over the energy in Eq.3.11.
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Figure 3.7: An example of the emissivity calculation for a line of sight.
In Eq.3.11, G represents a geometrical factor that describes the variation
of the “eﬀective” width of a pinhole for diﬀerent detectors inside one camera
[19]:
G =

4π∆2
,
Ad Ap (cos αi − bb31 |sin αi |)

Ad = d1 d2 , Ap = b1 b2

(3.12)
(3.13)

(d1 - diode width; d2 - diode length; b1 - pinhole width; b2 - pinhole length; b3
- pinhole thickness; αi - angle between the ith -detector and the camera axis;
∆ - focus length of pinhole camera).
The passivated ion-implanted silicon diodes are used in the SXR cameras
on the ASDEX Upgrade. These diodes are manufactured from silicon and
have an aluminum coating on the front side. These two substances make a
p − n transition. Photons enter in the detectors and generate electron-hole
pairs by the photoelectric eﬀect [19]. The geometrical parameters of the SXR
system using in the MHD-IC code are presented in the table:
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Camera

N

R[m]

z[m]

A5
B
C
D
E

30
30
60
30
12

1.411
2.351
2.371
2.020
1.402

-1.075
-0.271
0.2526
0.875
1.170

γ
79o
163o
187.5o
−137o
−85o

δ
2.15o
3.80o
1.86o
3.80o
3.80o

∆

d1

d2

b1

b2

122
69.7
141
69.7
69.7

2.6
2.6
2.6
2.6
2.6

20
8.6
20
8.6
8.6

2.6
2.5
2.5
2.5
2.5

28.04
18
35
18
18

N - number of the lines of sight
R, z - position of pinhole in mm
γ - angle of camera axis (middle of array of lines of sight) in deg .
δ - average distance between neighboring lines of sight in deg .
∆ - camera focus (distance between pinhole and detectors) in mm
d1 , d2 , b1 , b2 - width (1) and length (2) of detector (d) and pinhole (b) in mm
Transmission parameters of the SXR system depending on the photon
energy are collected in the fsum (E) coeﬃcient.
fsum (E) = TBe (E) · TAl (E) · TSi,dead (E) · (1 − TSi,absorb (E))

(3.14)

The ASDEX Upgrade SXR cameras have two diﬀerent suites of beryllium
filters. The first suite has a “Be” foil with a thickness of 100 µm and the
second with 12 µm. The first coeﬃcient in Eq.3.14 represents these beryllium
filters. The second coeﬃcient TAl corresponds to aluminum coating of the
SXR detectors (0.2µm). Then, there are coeﬃcients for silicon “dead layer”
(0.2µm) and silicon absorber region (300µm).
As was mentioned before, the MHD perturbation rotates with a frequency
ω and thus ξ ∼ cos (ωt). During one period of the rotation, this behaviour
can be represented as a simple phase shift of the perturbation and it reads
µ
¶
2π
ξ ∼ cos
i , i = 1...k .
(3.15)
k
SXR signals I(N, t)calc , were N is line number and t represents time, are
calculated using the formulas (3.10 - 3.11, 3.15) for diﬀerent phase angles of
perturbations in order to simulate a poloidal rotation of the modes.
5

This new camera was recently installed in ASDEX Upgrade (from discharge #14049).
Before that time, the camera had been directed only at the divertor region.
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Figure 3.8: Scheme of the second part of MHD-IC code.
As the MHD activities correspond solely to relative changes of the signal,
an absolute calibration of the SXR cameras is not important here. From
Eq.3.8 it is obvious that the SXR signals are most sensitive to temperature
perturbations Tpert . Changes of the Zef f profile are not considered in the
following, which is a good approximation for discharges without impurity
accumulation6 .
The structure of the SXR and the ECE part of the MHD-IC code is shown
in Fig.3.8. In this part the displacement eigenfunction or the temperature
perturbation are used as input parameters to describe the MHD activity.
As actually the temperature perturbation is required, the following relation
between the displacement and the temperature perturbation is used [37]
ξ pert = −

Tpert
.
∇T0,0

(3.16)

For the equilibrium quantities T0,0 , ne , Zef f the measured values are used.
The perturbations are added onto the equilibrium parameters, by using the
6

The Zef f profile is inserted in the code in the same way as the others profiles and
assumed to be a constant. It can be easily used for discharges with impurity puﬃng if it
is necessary.
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equilibrium reconstruction (including motional Stark eﬀect measurements),
transformed from the flux coordinates (ρ, θ) into the (R, z) plane. The coordinate transformation is the same as in the first part of the code. The
resulting profiles T (R, z, t), n(R, z, t), Zef f (R, z, t) are then used to simulate
the SXR emissivity along a line of sight.
The line of sight of the ECE measurements in ASDEX Upgrade is the
horizontal line with z = 0.1m. This position usually corresponds to the position of the plasma center in the machine. During a discharge, the ECE
measurements provide temperature values for a number of points inside the
plasma along this line. In order to compare these ECE measurements with
our model, the temperature profile along the ECE line of sight is calculated
during the emissivity calculations in this part of the code. The displacement
eigenfunction ξ pert is also mapped onto the ECE line of sight. It allows to
compare the displacement eigenfunction from calculation ξ pert directly with
the corresponding eigenfunction from experiment as will be shown below.

3.4
3.4.1

MHD activity analysis
Mirnov signals

An analysis of the MHD activity usually starts from the identification of
the dominant frequencies and the determination of the mode numbers from
magnetic measurements. The algorithm for the determination of the mode
numbers was depicted in Fig.2.1. After that, phase and amplitude of the
Mirnov signals are simulated and compared with experimental values as described in the previous section. The shape of the perturbation currents is
varied to get the best possible agreement with experimental observations.

3.4.2

Soft X-ray signals

Comparison of the total SXR signals
First information about the MHD activity can be found directly from the
total SXR signal. As an example, in Fig.3.9, the SXR signal of a discharge
with a (2, 1) mode is given.
The position of the camera lines of sight together with a (2, 1) tearing
mode structure are shown in Fig.3.9a. During the mode rotation, the SXR
emissivity along the lines of sight I(N, t) changes due to the temperature and
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Figure 3.9: A) Position of SXR line of sight (B-camera on ASDEX Upgrade)
together with a sketch of (2, 1) magnetic islands. B) Intensities for two
diﬀerent position of the islands. C) Experimental SXR signal with ’wave’like structure.
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density flattening inside the islands. The intensities I(N, t) for two diﬀerent
positions of the island are shown in Fig.3.9b. The rotating mode changes
the profile of the function I(N, t) close to the resonant surface. Looking at
a time series of the SXR intensity one finds a ”wave”-like structure in the
mode position region Fig.3.9c. Moreover, it is possible to estimate the island
width if the MHD activity is suﬃciently strong.
A more detailed information can be gained if the perturbed part of the
SXR signal is separated from the equilibrium background. Two diﬀerent
tools are implemented for this purpose in our analysis: Fast Fourier Transformation (FFT) and Singular Value Decomposition (SVD).
Fast Fourier transformation
A FFT algorithm is applied to separate the perturbed part of the SXR signal
from the total signal I(N, t) [38]. This method allows to make spectral
analysis using discrete base of data points. The one-dimensional FFT of a
sequence of n values xi , j = 0, 1, ..., n − 1 , is defined as
µ
¶
n−1
1 X
2πijk
(3.17)
x̂k = √
xi exp −
n
n j=0
for k = 0, 1, ..., n − 1. The original values xi and the transformed values x̂k
are, in general, complex.
The FFT transformation is applied for calculated I(N, t)calc and measured
I(N, t)exp signals. Then, calculated and measured FFT amplitude and phase
are compared to determine shape and position of the displacement eigenfunction of the observed MHD activity. It will be shown later that the FFT
amplitude is very sensitive to the form of the displacement eigenfunction.
Singular value decomposition
Singular Value Decomposition (SVD) analysis allows to separate experimental signals on spatial and time elements [39, 40]. For this analysis, measured
data are collected in a (n × m) matrix X with m 6 n:
X = (xij ) ,
where xi,j has i = 1, ..., n time points and j = 1, ..., m spatial points. Then,
the SVD algorithm decomposes X in the following form
X = UT SV
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(3.18)

into an orthogonal (n × n) matrix U, a diagonal (n × m) matrix S, and
an orthogonal (m × m) matrix V. From algebraic analysis it follows that
UUT = 1, VVT = 1, and S is diagonal matrix with non-negative diagonal
elements si [41]. Moreover, eigenvalues of S have a strict descending order
s1 > s2 > ... > sm > 0 .

(3.19)

The si are called the singular values of X. From this hierarchy of the singular
values it follows that the first singular value gives the strongest component of
the signal (unperturbed part), the second value corresponds to the strongest
perturbation component and so on. At the same time, the temporal and
spatial SVD eigenvectors create a new orthogonal coordinate system.
Filtering of the signal is then a simple reconstruction of the signals with
only the p largest singular values
x̂ij =

p
X

uki sk vkj .

k=1

As a measure of the quality of the reconstructed signal x̂ij , the following
parameter can be introduced [21]:
σ=

p
X

s2k /

k=1

m
X

s2k .

k=1

This value represents the relative quality of our approximation using only
the first p components.
The SVD algorithm separates the space and time dependent components
of the perturbations from the total signal. Since the frequency of the mode rotation can easily be determined from experiment (Mirnov coils, SXR) most
interesting for the analysis are the spatial components. The first spatial
component corresponds to the unperturbed part of the signal, the unperturbed equilibrium. The second and the third components correspond to the
strongest MHD activity. These two component are most interesting for the
MHD analysis and describe the MHD activity with suﬃcient quality. Only in
case of several modes with diﬀerent rotation frequencies further components
are required. The singular value decomposition for the calculated signal
I(N, t)calc and for the experimental signal I(N, t)exp are performed in the
code. Comparing the spatial SVD eigenvectors from theory and experiment,
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the best fit for the displacement eigenfunction is found. This fitting procedure should be done simultaneously with fitting of the FFT amplitude.
It is important to note that the sign of an SVD eigenvector depends on
actual SVD algorithm. Thus, only the shape of the eigenvector should be
compare with the corresponding experimental eigenvectors.
Accuracy of the SXR data analysis
The FFT and SVD techniques are flexible enough to obtain information
about week MHD activity even if this activity only slightly changes the total
signal I(N, t)exp . This is an advantage of the code compared to tomographic
reconstructions. The other advantage is the possibility to increase the spatial resolution. For standard tomographic methods, a low number of SXR
detectors and errors in absolute values of the emissivity lead to error bars
in the radial direction of about ∆ρ ' 0.14 − 0.16(6 − 8cm) [42, 43]. Special
methods of the tomography adapted to the condition in fusion plasma, for
instance diﬀerential rotation tomography method, can increase the resolution in radial direction to ∆ρ ' 0.1(5 − 6cm) [20, 44, 45]. On the other
hand, applying a combination of the FFT and the SVD technique and by
using several SXR cameras simultaneously, the error bars can be reduced
to ∆ρ ' 0.05(2 − 3cm), which is already close to the width of the lines of
sights. Changes of perturbations with smaller amplitudes do not aﬀect the
result and cannot be resolved with the current SXR system on ASDEX Upgrade. One should note however that FFT and SVD technique cannot give
any information about the absolute value of ξ, a comparison of I(N, t)calc
and I(N, t)exp would be required for that. Since for our analysis only the relative SXR signals are interesting, the problems with the absolute calibration,
which are rather complicated, are not important for here.

3.4.3

Electron cyclotron emission signals

The result of ECE measurements is the temperature profile Te (R, z; t)exp
along the ECE line of sight. This temperature profile is compared with the
calculated profile from MHD-IC code Te (R, z; t)calc . The distance between
neighboring measurements of the temperature profile Te (R, z; t)exp depends
on the discharge conditions (usually about 0.5cm).
From the fast ECE channels it is also possible to calculate the displacement eigenfunction directly from the measured time dependent temperature
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profile
ξ ece =

Te (t) − hTe it
∇hTe it

(3.20)

and to compare it with ξ pert from the code input. It gives an independent
comparison of SXR and ECE data. Unfortunately, the fast ECE measurements usually do not exist for the whole plasma region due to the restrictions
mentioned in the description of the ECE diagnostic.

3.4.4

Limits of the method

There are several limits of the method which should be taken into consideration. Firstly, error bars of the diagnostics restrict the accuracy of the
analysis. These errors have minimum possible values when all channels of
the diagnostics are used. This however is usually not the case, e.g. SXR
cameras have more lines of sight then the usual number of the amplifier
channels. In addition to these limits, we restrict our calculations by using
only the strongest Fourier components of the perturbations. This approximation is valid only when toroidal coupling to higher m-modes is not important
to measured signals. Implementation of the toroidal coupling in the code is
under development right now.

3.4.5

Conclusion

The MHD-IC code allows to perform an analysis of MHD activities using all
available experimental information related to these instabilities. The method
substantially increases the accuracy compared to a tomographic reconstruction technique and simplifies the identification of the modes. These features
are especially important for the identification of a complicated mode structure.
Such an analysis of MHD activity using the MHD-IC code is demonstrated
for diﬀerent kinds of MHD activities in the next chapters.
The installation procedure and input parameters of the MHD-IC code are
described in the Appendix D.
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Chapter 4
Tokamak scenarios
There are two concepts in tokamak researches which should lead to a working
fusion power plant. The first concept called "conventional tokamak scenario"
extrapolates experimental results from existing tokamaks. In this scenario
the plasma current, necessary for heating, and confinement, is driven inductively. Thus, the central solenoid together with the nuclear shielding of the
toroidal field coils determine the scale of the machine which is rather large.
Moreover, steady state operation is not possible for this type of the reactor
and the machine has to operate in a pulsed mode. Consequently, an energy
storage system is required to ensure continuous energy and the capital cost
of a fusion power plant increases [46].
The other concept is the so-called advanced tokamak scenarios. This approach tries to operate the fusion tokamak in steady state [46]. Improved
confinement for this type of operations reduces the necessary plasma current
Ip for high fusion performance Q (Q = fusion power/ externally supplied
plasma heating power). The main idea behind that is non inductive current drive with high bootstrap current fraction. The bootstrap current is
proportional to the pressure gradient [3, 47]
jb ∼ −

√ 1 ∂p
,
Bθ ∂r

where p represents the pressure, r is the radial coordinate, the local inverse
aspect ratio is = r/R, and Bθ is the poloidal magnetic field. From this
equation follows that for a large bootstrap current fraction large values of
the poloidal beta are necessary. Furthermore, the pressure gradient has its
maximum value out of axis and the current profiles will be generally non41

Figure 4.1: Examples of typical q-profiles in advanced and conventional tokamak scenarios.
monotonic. The non-monotonic current profiles lead to inverted safety factor
profiles (see Fig.4.1). This q-profile has a minimal value out of axis. In the
negative magnetic shear region, the toroidal drive of the modes responsible
for turbulent transport is reduced. In addition, the reversed q-profiles allow
to suppress turbulence in the plasma through sheared E × B rotation and
create internal transport barriers (ITBs) [48, 49]. The other aspect of the
advanced scenarios is a possibility to access second stability region with respect to the ideal ballooning modes [50]. The advanced tokamak operations
are intensively studied on all main tokamaks [49, 51, 52, 53].
Various scenarios of advanced tokamak concepts have been investigated
on ASDEX Upgrade. The current density was modified in order to achieve
improved core confinement. The most promising concept was obtained during
current ramp phase by applying NBI. This reversed shear scenario has qmin >
1.5 and large bootstrap current fraction [54, 55, 56].
Experimental identification of the reversed q-profiles is diﬃcult task. The
motional Stark eﬀect (MSE) diagnostic allows to reconstruct the current
profile but has large error bars in the plasma core. Thus, in the experiments,
it is diﬃcult to identify that the q-profiles are really reversed. Analysis of
MHD instabilities is usually used to overcome this problem. For instance, the
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q-profile in Fig.4.1 has two q = 2 resonant surfaces and two mode with the
same helicity may appear in this case. After identification of these modes,
one can really be sure that the q-profile is reversed. At the same time, it
is rather hard to find the inner mode using only available tools and there is
a need for an interpretation code which can resolve such MHD activity. In
chapter 7, we demonstrate that the MHD Interpretation Code is well fitted
for this task.
The reversed q-profiles bring new MHD phenomena which are not observed in conventional scenarios. For example, existing of two rational surfaces with the same q-values described above may lead to appearance of a
so-called double tearing mode (DTM), which consists of two coupled tearing modes. These new phenomena together with usual MHD instabilities
have been observed in the advanced tokamak experiments on ASDEX Upgrade [57]. Most of them limit the plasma parameters, for instance the
maximum achievable normalized plasma pressure β N = β t / (Ip /aBt ), where
β t = hpi / (Bt2 / (2µ0 )), a represents the minor radius, Bt is the toroidal magnetic field and hpi is the volume averaged plasma pressure. These instabilities
either terminate the improved confinement or even lead to disruptions. Consequently, the investigation of these instabilities is a particular interest.
In the next chapters we investigate diﬀerent MHD phenomena in the
conventional and advanced tokamak scenarios on ASDEX Upgrade. As will
be shown using MHD-IC code it is possible to find out the detailed structure
of these phenomena.
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Chapter 5
MHD activities in conventional
scenarios
The conventional tokamak scenarios are characterized by inductive current
drive and thus the current profile has the maximum of the current density
in the plasma center. This leads to a monotonic q profile with continuously
increasing q values as was shown in Fig.4.1. Consequently, for any two resonant surfaces in the plasma, the outer surface has always a higher value of
q.
We begin our investigation with an ideal kink mode (in form of fishbone
activity) which is quite easy to analyse as it has a large amplitude localized in
the plasma core. Afterwards diﬀerent types of fishbone activity on ASDEX
Upgrade are investigated.

5.1

The kink mode

The internal kink mode is an usual type of MHD instabilities in ASDEX
Upgrade discharges for conventional scenarios [58, 59]. This mode is often
driven by fast particles, and thus appearing as fishbone oscillations. It is the
form of experimental signals of these oscillations which has given the name
fishbone to this instability (see Fig.5.1). In the next section, background of
this mode and its eﬀect on the plasma will be discussed in detail. Since the
kink mode is easy to analyse as it has a large amplitude in the plasma core,
we use it as first example for our analysis.
The helicity of the fishbone activity can easily be obtained from the mag44

Figure 5.1: Internal (1, 1) kink mode in form of fishbone oscillations (discharge #11839, t=1.25s, SXR signal, ”B”-camera, channel 14).
netic measurements to be m = 1, n = 1. Theory predicts a step function for
the corresponding displacement eigenfunction [60, 61, 62], which is used as an
initial guess for the displacement in the calculations here. The perturbation
is parametrized in the following form:
½
max(ξ 0 (r, a, b, c, d)) r < r1
ξ kink =
,
(5.1)
ξ 0 (r, a, b, c, d)
r > r1
where ξ 0 is determined by Eq.3.2. Varying the form of the function ξ kink ,
very good agreement could be obtained for the amplitude of fast Fourier
transformation (FFT) and for the singular value decomposition components
(SVD) between experiment and calculation (with the parameters a = 0.02,
b = 3, c = 1, d = 0, rres = 0.45, r1 = rres − 0.6 for Eq.(5.1)). These results
are shown in Figs.5.2,5.3. It is important to note that the sign of an SVD
component depends from the type of the SVD algorithm and only the shape
should be compared with the experiment.
As was mentioned before, this ideal kink mode example is considered to
be a good test for our method. In this case, the position of the mode rres
can be estimated directly from the raw SXR data. Central channels of the
B-camera cross the q = 1 surface and show a signal similar to Fig.5.1. If one
moves outside from the central channel, one can find that at some channel
the fishbone activity vanishes. This line does not cross the rational surface
anymore and the channel is tangential to a flux surface with a q value a little
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Figure 5.2: Comparison of the observed and calculated FFT amplitudes for
the kink mode (Shot #11839, t = 1.25s). The FFT amplitudes of the experimental signal are shown for a number of frequencies.

Figure 5.3: Comparison of the SVD eigenvectors for the (1, 1) kink mode
(#11839, t=1.25s).
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Figure 5.4: Displacement eigenfunction for the (1, 1) kink mode and the qprofile derived from equilibrium reconstruction including MSE measurements
(Shot #11839, t=1.25s).
higher then 1. This flux surface in our case has ρ ≈ 0.5 and agrees well with
the result of our analysis (ρ = 0.45).
The displacement eigenfunction from MHD-IC code for the parameters
listed above is shown in Fig.5.4 together with the q-profile (with MSE). The
resulting eigenfunction agrees very well with the position of the q = 1 surface
from the equilibrium reconstruction as well as with the shape of that function
resulting from XTOR (Fig.5.5). Consequently, there is good agreement between modelling and experimental observations, and thus the eigenfunction
found from our analysis should be correct.

5.2

Fishbones for diﬀerent types of neutral
beam injection

It is of particular interest to investigate the fishbone instability in tokamak
fusion research [59, 63, 64, 65]. Experiments have shown that neutral beam
injection (NBI) can destabilize a mode with dominant toroidal and poloidal
wave numbers (m, n) = (1, 1). This is due to inverse Landau damping ef47

Figure 5.5: Dominant FFT (m, n) = (1, 1) component ξ r for a kink mode
resulting from the XTOR code.
fect which lead to a growth in case of the fishbones. The resonance occurs
between the toroidal wave velocity of the instability and the rotation of the
trapped energetic particles from the injected beam. Thus, the existence of
the trapped particle is necessary condition for the fishbones. A model of fishbones proposed by Chen et al.[66] shows that the particles trapped within the
q = 1 radius can kinetically destabilize an internal kink mode with frequency
ω ' ωp =

E
,
mb rRω 0

where ω p is the precession frequency of the resonant beam ions, E corresponds
to the energy of the ions, R is the major plasma radius, r is the minor plasma
radius, ω 0 = eB/mb describes the gyrofrequency, and mb is the mass of the
fast ions [58].
The most important eﬀect of the fishbone instability on the plasma is the
ejection of the resonant fast ions during the bursts. This is the reason why
fishbones reduce the eﬃciency of the heating and can also limit the plasma
parameter β of a discharge. Measurements on ASDEX Upgrade show the
following maximal β-values for two diﬀerent types of NBI: for the tangential
injection β N ≈ 2.3 (#11652, t = 3.49s, radius of tangency RT = 0.93m) , and
in case of the radial injection β N ≈ 1.6 (#11654, t = 3.56s). Measurements
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Figure 5.6: Normalized beta for radial (#11654) and tangential (#11652)
injection cases.
of the normalized beta β N for both discharges are shown in Fig.5.6. It is
interesting to investigate the mode structure in these two cases.
The MHD analysis starts from the magnetic signals for radial (see Fig.5.7)
and tangential (see Fig.5.8) injection cases. Both cases show a (1, 1) helicity
of the MHD activity and are supposed to be similar to the internal kink
mode. Thus, the parametrized function from the previous section (Eq.5.1)
can be used here too. Varying the form of the eigenfunction, good agreement
with the experiments was found. Optimized parameters for the displacement
eigenfunction ξ kink in case of the radial neutral beam injection are following:
a = 0.238, b = 1, c = 3, d = 0, rres = 0.33, r1 = rres −0.16. For the tangential
injection case the coeﬃcients are diﬀerent (a = 0.129, b = 1, c = 3, d = 0.11,
rres = 0.30, r1 = rres − 0.09). These eigenfunctions are shown in Fig.5.9.
Comparison of the FFT amplitudes and the SVD components with the
corresponding experimental results for these eigenfunctions are presented in
Figs.5.10 , 5.11 , 5.12 , and 5.13. One can see that the simulations fit well
to the experimental curves. This means that our eigenfunctions describe all
main features noticeable by the SXR diagnostic.
For the radial injection case our eigenfunction from the SXR data has
an ideal kink mode character (rigid displacement of the plasma inside the
q = 1 surface as was shown in Fig.1.4). The tangential injection case is more
complicated. The main diﬀerence between these displacements is a small
negative peak in the tangential injection case (see Fig.5.9). The existence
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Figure 5.7: Magnetic signal of the fishbones in case of the radial injection
(#11654).

Figure 5.8: Magnetic signal of the fishbones in case of the tangential injection
(#11652).
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Figure 5.9: Forms of the displacement eigenfunction for the radial
(#11654, t = 3.56s) and toroidal (#11652, t = 3.49s) injection cases.

Figure 5.10: Comparison of the FFT amplitude for the radial injection case
(#11654).
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Figure 5.11: Comparison of the SVD components for the radial injection case
(#11654).

Figure 5.12: Comparison of the FFT amplitude for the tangential injection
case (#11652).
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Figure 5.13: Comparison of the SVD components for the tangential injection
case (#11652).
of this peak leads to changes of the FFT amplitude compared to the radial injection, and two additional small maximums appear on the curve in
Fig.5.12. These, however, would also appear if the peak of the displacement
had positive sign. The SXR data analysis cannot distinguish between these
two cases. Thus, there are two diﬀerent possibilities either the mode has
resistive character and forms an island (negative peak), or the observation
shows coupling to an additional mode (positive peak). To clarify the form of
the eigenfunction, ECE measurements should be taken into consideration.
Displacement eigenfunctions from the ECE measurements are shown in
Figs.5.14, 5.15. Both displacements are not symmetrical and have diﬀerent
characters on the low and high field sides. Thus, the ECE measurements
demonstrate the coupling to higher m-numbers on the low field side of the
torus for both cases of NBI. For the tangential injection case this coupling
is higher due to higher β N .This mode coupling is not observed by the SXR
measurements. A possible explanation for this diﬀerence is that the observations were done by the B-camera directing at the plasma from the outer
part of the torus (see Fig.2.2). The measurements from this position do not
allow to test the ballooning character of the mode.
In order to proof the resistive character of the mode, one should plot the
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Figure 5.14: The displacement eigenfunction from ECE measurements together with the calculated one for the tangential NBI (#11652, t=3.5s).

Figure 5.15: The displacement eigenfunction from ECE measurements together with the calculated one for the radial NBI (#11654, t=3.73s).
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Figure 5.16: Phase jump of the ECE signal for the tangential injection case
(#11652). Two phase jumps show position of the mode on the low field side
(R = 1.92m) and on the high field side (R = 1.64m) of the torus.
FFT phase of the ECE signals at the mode frequency (a magnetic island
would cause a jump of the FFT phase). The radial NBI case has no jumps
(ideal character). The tangential NBI case has a resistive character (see
Fig.5.16). Two phase jumps show position of the mode on the low field side
(R = 1.92m) and on the high field side (R = 1.64m) of the torus.
In addition it is interesting to model the Mirnov measurements. The
modeling of these measurements was done using parametrized expression for
perturbation current (Eq.3.7) and applying the measured (1, 1) helicity of the
mode. Varying the form of the current Jpert , good agreement to the measured
signals was obtained for the following parameters: Jmax = 200, Jmin = −50,
rres = 0.3, W = 0.18, r1 = 0, r4 = 0.5, α1 = 2, α2 = 3 (Fig.5.17). The observable amplitude of the perturbation from Mirnov measurements together
with the corresponding calculations are plotted in Fig.5.18. The perturba55

Figure 5.17: Dominant (1, 1) perturbation current component which is used
to calculate the magnetic signal (see Fig.5.18) in the tangential NBI case
(#11652, t = 3.5s).
tion current function Jpert shown in Fig.5.17 has a negative peak. This peak
is an important part of the current which allows to include the influence of
the plasma on the perturbation current. XTOR calculations also reproduce
this behaviour of the perturbation current (see Fig.5.19). Consequently,
assuming the correct form of the perturbation current we include influence
of the plasma which is neglected in the MIC code (see Ref.[16]).
It is interesting to understand why the fishbones have diﬀerent characters
for tangential and radial NBI cases. Either the resistive character of the
fishbones depends on the injection type or it is an influence of higher plasma
β N and therefore higher amplitude of perturbations in the discharge with
tangential NBI. In order to check that, a fishbone burst for the tangential
NBI case was analyzed for an earlier time point with β N ≈ 1.4. An ideal
character of the mode for this time point was confirmed by the MHD analysis.
Corresponding displacement eigenfunction and FFT amplitudes are shown
in Figs.5.20-5.21. After analysis of several time points with diﬀerent β N
parameter, it was found that the mode becomes resistive at the critical value
of β N,crit ≈ 1.7 − 1.8.
Investigation of fishbones on ASDEX Upgrade by S.Günter et al.[59]
shows that fishbones can give a much stronger eﬀect on the plasma parame56

Figure 5.18: Amplitude from calculation (solid line) compared with magnetic
signals from Mirnov coils (points) for the tangential NBI case (#11652, t =
3.5s). The perturbation current for this case is shown in Fig.5.17.

Figure 5.19: Profile of the perturbation current for dominant (m, n) = (1, 1)
component from the XTOR code.
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Figure 5.20: Displacement eigenfunction for the tangential NBI discharge
(#11652, t = 2.46s).

Figure 5.21: Comparison of the FFT amplitude for the tangential NBI case
(#11652, t = 2.46s).
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ters than expected from an ideal instability. It was demonstrated from ECE
measurements that the influence of a strong fishbone on the temperature
profile is comparable with an eﬀect of small sawtooth. Moreover, only the
assumption of a resistive reconnection in the transport code ASTRA allows
to explain the observed stationary current profiles with a central q values
about unity in these discharges. Investigation of fishbones on JET also has
shown the existence of the resistive fishbones [67].
In conclusion, from analysis of all available data related to the fishbones it
follows that (1, 1) fishbones are coupled to the higher modes (m, 1) on the low
field side of the torus (higher amplitude of the displacement eigenfunction)
and the mode becomes resistive when β N > β N,crit ≈ 1.7 − 1.8.
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Chapter 6
MHD activities in advanced
scenarios
The hollow plasma current profile which is characteristic for the advanced
tokamak scenarios leads to flat or reversed q profiles as required for the formation of internal transport barrier (see Fig.4.1). These special form of the
q-profiles gives rise to MHD phenomena not observed under conventional
discharge conditions. These instabilities lead to significant limitations of the
accessible operating regimes. The corresponding instabilities observed in ASDEX Upgrade reversed shear discharges will be investigated in this chapter.
We start with a double tearing mode, then examine the time evolution of instabilities during the formation of internal transport barrier (ITB) and finally
investigate MHD instabilities causing disruptions in this scenario.

6.1

Double tearing mode

The double tearing modes (DTMs) are characteristic MHD activities for reversed q-profiles in the advanced scenario. This mode can appear when two
tearing modes with the same helicities (m, n) are coupled. The linear stability of double tearing modes has been previously studied [68, 69], as well
as the non-linear stability [70, 71, 72, 73]. This mode was also found to be
one of the possible type of MHD activity in advanced tokamak scenarios on
ASDEX Upgrade [57, 74]. In this section we analyse in detail an observed
DTM structure and estimate the growth rate of the mode.
A double tearing mode has two modes with the same helicity (same (m, n)
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Figure 6.1: SXR signal from the B-camera for the (2, 1) double tearing mode
(#12224, t=0.7s).
numbers), and thus the perturbation currents due to the inner mode are
screened by the outer rational surface. In this case, a simulation of the
magnetic measurements is not very helpful because of the screening eﬀect of
the outer surface. Thus, the magnetic measurements can be applied only to
determine the helicity of the modes. Consequently, the interpretation of the
SXR signals and the ECE signals is the only way to find the radial structure
of this mode.
As an example we consider the mode activity in a reversed shear discharge of ASDEX Upgrade (#12224, t=0.7s), which will be shown to be a
(2, 1) double tearing mode. The magnetic measurements show a (2, 1) mode
activity. The SXR signal from the “B”-camera is shown in Fig.6.1. There
is a “wave”-like structure close to the central region of the plasma which is
very similar to that shown in Fig.3.9. This structure could correspond to
an inner mode. A crude approximation for the position of an outer mode
also can be found directly from Fig.6.1 and from the motional Stark eﬀect
measurements (MSE).
Theoretical investigations mentioned above predict the form of the dis61

placement eigenfunction using diﬀerent assumptions and computational codes.
Results from the XTOR give a shape of DTM displacement similar to the
other calculations. This XTOR eigenfunction can be used as an initial guess
for our calculations (see Fig.6.2). For a detailed investigation of the instability, the form of the perturbation ξ DT M can be parameterized by the following
function:

r < r1
 ξ 0 (r, a, b, c1 , d1 )
g · ξ 0 (r, a, b, c2 , d3 ) − ξ 0 (r, a, b, c2 , d3 ) r1 6 r 6 r2 (6.1)
ξ DT M =

−ξ 0 (r, a, b, c1 , d2 )
r > r2
r1 = rres,1 + W/2, r2 = rres,2 − W/2
(6.2)
Varying the shape of the function, the best fit for experimental values was
found for the following parameters: a = 0.0345, b = 1, c1 = 5, c2 = 0.75,
d1 = 2, d2 = 0.5, d3 = 1, g = 2, rres,1 = 0.13, rres,2 = 0.47, W = 0.05.
Comparisons of the FFT amplitudes and the SVD components for this eigenfunction are shown in Figs.6.3 and 6.4 respectively.
The ξ DT M function for this case together with q-profiles are given in
Fig.6.5. From the shape of ξ DT M it is clear that the investigated MHD
activity is a (2, 1) double tearing mode with strong coupling between the two
rational surfaces. The position of the outer mode from our analysis is in
good agreement with the outer q = 2 surface according to the equilibrium
reconstruction. For the inner mode no information can be gained from the
MSE measurements. Fig.6.5 shows two q-profiles, which are both not in
contradiction to the MSE measurements. Due to the reduced accuracy of
the MSE measurements in the plasma center, it is not clear, whether an
inner q = 2 surface exists at all.
ECE measurements are available over a large region of the plasma radius
for this discharge (but do not include the inner mode). Thus, the radial
displacement ξ ece can be found from the temperature perturbation according to Eq.3.20. These measurements verify a strong coupling between the
modes. The shape of ξ ece is in quite good agreement with the calculated
ξ DT M from MHD-IC code (see Fig.6.6). Consequently the MHD-IC code result agrees good with all available information about the plasma instability
and the equilibrium reconstruction of the plasma.
The calculated SXR signal from the code are quite sensitive to the actual shape of the eigenfunction, and thus a good agreement between measurements and calculated signals can only be obtained for a good fit to the
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Figure 6.2: Dominant (m, n) = (2, 1) component ξ r for a double tearing
mode resulting from the XTOR code.
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Figure 6.3: FFT amplitude for the same double tearing mode (see Fig.6.1).

Figure 6.4: SVD eigenvectors for the double tearing mode (#12224, t=0.7).
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Figure 6.5: Displacement eigenfunction for the (2, 1) double tearing mode
(#12224, t = 0.7s) and two q-profiles resulting from the equilibrium reconstruction including the MSE measurements. Within the error bars, without
considering the MHD activity, one cannot distinguish between these two
profiles. On the other hand, including the MHD information improves the
equilibrium reconstruction.
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Figure 6.6: The displacement eigenfunction from ECE measurements together with the calculated one (#12224, t=0.7s).
actual eigenfunction. To proof this, we choose an eigenfunction with only a
weak coupling between the resonant surfaces (Fig.6.7) and again perform the
analysis for the same discharge (Figs.6.8 and 6.9).
It becomes obvious that for this profile of ξ the calculation results are in
contradiction to the experiment. Thus, the code results are very sensitive to
the form of the displacement eigenfunction ξ.
The double tearing mode example shows that a reconstruction of the
displacement eigenfunction in complicated cases requires all experimental
information. In our case magnetic measurements determine the helicity of
the mode, SXR data are used to find the shape of the displacement, ECE
data provide the absolute value of the displacement and MSE measurements
give a first approximation for the outer mode position.
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Figure 6.7: Displacement eigenfunction in case of weak coupling between the
resonant surfaces together with the measured q-profile (MSE).

Figure 6.8: FFT amplitude calculated for the weak coupling case together
with the FFT of the measured SXR signal.
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Figure 6.9: SVD eigenvectors for the weak coupling case together with experimental ones.

6.1.1

Determination of "delta prime" parameters of
the double tearing mode

As was noted before, tearing modes change the magnetic topology in the
plasma and form islands. A so-called ∆0 formalism was developed to describe tearing mode behaviour [75, 76]. This formalism allows to determine
the stability of a given current profile to tearing modes without solving the
resistive MHD equations (1.3 - 1.8). This approach solves a diﬀerential equation for the perturbation flux function ψ in the "outer region" (in this region
resistivity and inertia are negligible and the perturbed plasma is in force
equilibrium) and matches the solution through the "resistive layer" where
the resistivity becomes important. The discontinuity across this "resistive
layer" determines the stability of the mode and is defined as:
∆0 =

ψ 0 (rs + ε) − ψ 0 (rs + ε)
ψ (rs )

ε→0,

where rs is resonant surface. For finite island size, the perturbed flux ψ
assumes to be a constant inside the island and the discontinuity is taken
between the inner and the outer island edges. The discontinuity ∆0 depends
on the island width W and generally decreases as the island width grows.
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Calculation of ∆0 is a diﬃcult task in practice due to inaccuracy of the measured current profile. Stability corresponds to ∆0 6 0. Instability occurs for
∆0 > 0 and the island growth can be estimated using Rutherford’s equation
η
dW
= 1.22 ∆0 (W ) ,
dt
µ
where η is the plasma resistivity and µ is the magnetic permeability. This
∆0 parameter is calculated below for the double tearing mode (DTM) from
the displacement eigenfunction ξ DT M .
In case of two rational surfaces, the ∆0 formalism has been developed in
Ref [68, 69, 77]. There are three diﬀerent "outer" regions inside the plasma:
Region I: 0 < r < r1 ; Region II: r1 < r < r2 ; Region III: r2 < r < rwall where
r1 and r2 are the inner and outer rational surfaces, respectively. Then, the
tearing mode equation is solved in these three regions:
· 2
¸
1 ∂
(∂J0 /∂r)
∂
m2
+
− 2 −
=0;
ψ
∂r 2 r ∂r
r
(∂ψ 0 /∂r) m,n
ψ m,n corresponds to the perturbed helical flux function, J0 is the equilibrium
plasma current and ψ 0 describes the equilibrium helical flux function defined
as
Z r
ψ 0 (r) = B0 /R0
(1/q(r) − n/m)rdr .
0

These tearing mode equations use the approximation relations for small islands. However, in Ref.[77] it was demonstrated that the approximation
is quite good for island sizes up to 10 − 20% of the minor plasma radius.
Consequently, this model should be suﬃcient to describe the DTM in our
case.
The basic functions can be assumed to be independent, but strongly coupled eigenmodes. Then, the growth of each of the modes (islands) is dependent on ∆01 and ∆02 . These discontinuities are defined by following equations:
¡
¢
¡ +
¢
+
(6.3)
∆01 = ∂ψ −
1 /∂r − ∂ψ 1 /∂r /ψ 1 + ∂ψ 2 /∂r /ψ 1 |r=r1
¡ −
¢
¡ −
¢
+
0
∆2 = ∂ψ 2 /∂r − ∂ψ 2 /∂r /ψ 2 + ∂ψ 1 /∂r /ψ 2 |r=r2
The superscripts (+/−) correspond to the inner and outer edges of the islands. The indexes (1/2) describe the inner and outer modes respectively.
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To estimate these perturbation fluxes from the DTM displacement eigenfunctions the following equation is used [37]:
ψ (r) = ξ (r) Bθ (1 − q (r) /qres ) ,

(6.4)

where Bθ represents the poloidal component of the magnetic field and qres is
q-value at the resonant surfaces. Then, the flux derivative reads
ψ 0 (r) = ξ 0 (r) Bθ (1 − q (r) /qres ) − ξ (r) Bθ q 0 (r) /qres .

(6.5)

The improved equilibrium reconstruction with two rational surfaces qres = 2
(see Fig.6.5) is applied to evaluate the q (r) profile and its derivative. Since
Eq.(6.4) is valid only outside of the islands, the perturbation fluxes inside
the island were evaluated as a simple averaging of the boundary fluxes:
ψ (rres ) =

ψ (rres − W/2) + ψ (rres + W/2)
.
2

The resulting values for the "delta prime" parameters are following:
∆01 ≈ 33 ÷ 55
∆02 ≈ 6 ÷ 11
r1 ∆01 ≈ 5.0 ÷ 7.2 and r2 ∆02 ≈ 3.0 ÷ 5.6
The last parameter rres ∆0 ≈ 5 is the same for both modes (inside the error bars of the measurements). This is reasonable as rres ∆0 determines the
mode’s growth, and the two modes grow together.

6.1.2

Growth rate of the double tearing mode

The "delta prime" parameter shows that the double tearing mode (DTM) is
unstable (∆0 > 0) and the mode has a positive growth rate. This growth
rate was calculated by the linear MHD code CASTOR1 for the real experimental geometry and the measured plasma parameters of the discharge
(#12224, t = 0.7s). Equilibrium was calculated using equilibrium code DIVA
[78, 79]. The CASTOR calculation results give the following growth rate for
the (2, 1) DTM: γ = 3027s−1 .
At the same time, the growth rate of the double tearing mode can be
estimated directly from the "delta prime" parameter by assuming the linear
1

A brief description of the CASTOR code is done in Appendix C.
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MHD approximation for DTM. Hence, each of the modes should have the
growth rate [68, 77]:
4/5

γ ≈ 0.5 (∆0 a)

−2/5 −3/5
τR

(ka)2/5 τ A

,

(6.6)

where τ A is the Alfvén time, τ R is the resistive time, k is the wave vector.
This limit of the linear MHD analysis treats the growth of these two tearing
modes independently but at the same time they are coupled [68]. One should
note however that this approximation is valid only if the mode growth is
much slower than the flux diﬀusion time across the tearing layer (so called
"constant ψ" approximation):
γτ ∆ ¿ 1 .
The resistive current diﬀusion time for the tearing layer reads
τ ∆ ≡ τ R x2T ,
³ γτ ´1/4
A
where xT ≈
,
2
mS

and the Lundquist number is S ≡ τ R /τ A .
Suppose the same values of the Alfvén time (τ A = 0.266 · 10−6 s) and the
resistive time (τ R = 0.6995s) as in the CASTOR calculations, the following
growth rates were found:
γ 1 = 1.4 · 103 ÷ 1.6 · 103 s−1 (γ 1 τ ∆ ' 0.015 ¿ 1)
γ 2 = 3.2 · 103 ÷ 5.6 · 103 s−1 (γ 2 τ ∆ ' 0.006 ¿ 1).
These results are comparable with the CASTOR calculations (γ = 3.0 · 103 s−1 )
and agree well with the experimental growth rate (γ ≈ 1.8 · 103 s−1 ) measured from the SXR signals and the magnetic measurements. In addition,
the growth rate can be estimated from the linear scaling of DTMs [68]: γ ≈
3 −1
3 −1
S −1/3 τ −1
(for the resistivity about 10−7 −10−6 ohm·m),
A ≈ 3·10 s −6·10 s
which coincides with other results.
It is interesting also to compare the form of the displacement eigenfunction from the MHD-IC code and from the CASTOR code. Unfortunately, the
equilibrium code instead of the q-profile has the current profile as an input
parameter. Thus, it is diﬃcult to construct the q-profile in the CASTOR calculations with exactly the same positions of the q = 2 surfaces as was found
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Figure 6.10: Dominant (m, n) = (2, 1) component of the displacement eigenfunction from the CASTOR code. The calculation was done for the discharge
#12224 conditions.
before. Nevertheless, the main features of the displacement eigenfunction
remain the same (see Fig.6.10).
A determination of the growth rate from the displacement eigenfunction
from the MHD-IC code with better accuracy is diﬃcult due to the big error
bars for the ∆0 parameter, for the q−profile and especially for the derivatives q 0 (ρ) and ξ 0 (ρ). In addition, nonlinear aﬀects also can play a role.
However, the calculations demonstrate that a qualitative determination of
the growth rate from experimentally observed displacement eigenfunction is
possible even for complicated mode structures.

6.2

Evolution of MHD activities during internal transport barrier formation

It was found by S.Günter et al.[80] that in ASDEX Upgrade reversed shear
discharges, the onset of internal transport barriers (ITBs) is typically accompanied by MHD activity. The observations show that an ITB onset usually
occurs right after the first fishbone oscillations. This model states that the
fishbone activity, located near the minimum q-value at its beginning, would
trigger there the formation an ITB. Consequently, it is interesting to investigate the time behaviour of the displacement eigenfunction during an ITB
72

Figure 6.11: SXR signal during formation of internal transport barrier
(#10701).
formation.
The instabilities during ITB formation are investigated below for the
discharge #10701. Magnetic measurements observe a clear (2, 1) structure of
the mode. ECE and MSE measurements are not available for this discharge.
The SXR signals increase after each fishbone oscillation during ITB formation
(see Fig.6.11). An analysis of the SXR signals shows that the amplitude of the
perturbation is small and it is not suﬃciently large to determine an absolute
value of the displacement. Nevertheless, the position of the modes and the
shape of the displacement eigenfunction can be found with good accuracy
using the FFT and the SVD technique from the SXR data.
To investigate the time evolution of the instability, corresponding displacement eigenfunctions were reconstructed for three diﬀerent time points.
The first point corresponds to a fishbone cycle at the beginning of ITB formation (t1 = 0.62s), the second is in the middle of the process (t2 = 0.71s),
and the third one is at the end (t3 = 0.8s). The resulting eigenfunctions in
arbitrary units are shown in Fig.6.12.
Our analysis verifies a strong coupling between the modes, but the accuracy is not high enough to determine a resistive or an ideal character of
the modes. One can see from Fig.6.12 that the distance between the modes
grows during ITB formation. The inner resonant surface moves inwards and
the outer surface goes outwards. Thus, our observations confirm this model.
It is interesting that in a similar discharge (#13149) MSE measurements
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Figure 6.12: Time evolution of the displacement eigenfunction during internal
transport barrier formation (#10701).

Figure 6.13: Position of the outer mode from FFT analysis (”FFT up” is from
upper channels of B-camera and ”FFT down” is from the down channels)
and motional Stark eﬀect (MSE) measurements.
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confirm this behaviour of the resonant surfaces. Perturbations of SXR signals
are even smaller for this discharge and only the position of the outer resonant
surface can be estimated from SXR. These perturbations separated by the
FFT transform and boundaries of the FFT amplitude gives the position of
the outer surface (on lines of sights tangential to the outer resonant surface
the FFT amplitude becomes zero). These data points together with the
corresponding MSE measurements are shown in Fig.6.13. The behaviour of
the outer mode is exactly the same as in the previous discharge.

6.3

Disruptions in discharges with internal
transport barrier

"The tokamak disruption is a dramatic event in which the plasma confinement is suddenly destroyed. In a major disruption this is followed by a
complete loss of the plasma current."[3] A typical disruption has the following steps: it begins from an initiating event (e.g. growth of MHD modes),
this leads to a sudden thermal quench in which the plasma temperature drops
down, and finally a current quench is occurred which completely destroys the
plasma confinement [81, 82, 83]. The deatails of the disruption can be complicated, including nonlinear growth and coupling of several diﬀerent MHD
modes, but the main idea remains the same. Shrinking of the temperature
profile (e.g. due to heat bridges across magnetic islands) leads to unstable
current profiles which again drive instabilities [84]. These instabilities grow
and influence on the temperature and current profiles. Finally, the plasma
confinement is destroyed in a shot time and the plasma goes on the wall
which produces large mechanical stresses and intense heat loads.
Since the first tokamak experiments, disruptions have limited stable tokamak operation. They also influence on tokamak’s design which should not
be destroyed by the large mechanical stresses and the heat loads. Only
understanding of the basic disruption mechanisms allows to avoid these unfavorable events in the plasma. Thus, it is a particular interest to investigate
reasons for disruptions in discharges with internal transport barrier (ITB) in
advanced tokamak scenarios as for conventional scenarios they are already
well investigated [85].
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Figure 6.14: SXR signal from B-camera (#15117). Disruption corresponds
to decrease of the signal (t = 1.024s).

6.3.1

Disruption due to external modes

As an example we investigate the disruption on ASDEX Upgrade in the ITB
discharge #15117 (t = 1.024s). Fig.6.14 shows a time trace of the SXR
signal for the B-camera. To understand the evolution of the plasma, the
investigation of the MHD activities were done for two time points. The
first time point corresponds to the MHD activity just before the disruption
(t = 1.01248s) and the second time point during the disruption (t = 1.024s).
The disruption occurs when q95 ≈ 4.08.
At the first time point, SXR data show MHD activity in the plasma core
inside ρtor ≈ 0.45 (see Fig.6.15). Unfortunately, channel number 10 did not
work during this discharge and the helicity of the mode is also undefined
(no magnetic measurements). Thus, the form of the eigenfunction cannot
be reconstructed by FFT and singular value decomposition technique and
only the region of the activity have been found. The SXR cameras are
more sensible to the core region of the plasma due to higher density and
temperature in this region and cannot give adequate information about the
plasma edge. The ECE measurements, on the other hand, often have density
cutoﬀ restriction in the plasma core and cannot resolve this region, but give
unique information about other part of the plasma. The ECE measurements
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Figure 6.15: FFT amplitude for B-camera before the disruption (#15117, t =
1.012s). Channels 1 and 10 did not work during this discharge.
for this time point give a displacement eigenfunction of an external kink
mode with a maximum amplitude on the plasma boundary of about 0.04m
(see Fig.6.16). A coupling between the external kink mode and the MHD
activity in the plasma core is not observed by our measurements.
Now we investigate the MHD activity during the disruption. The amplitude of the core activity becomes smaller since the FFT amplitude decreases
at that time (see Fig.6.17). On the other hand, the amplitude of the external kink mode grows to 0.4m. The displacement eigenfunction from ECE
measurements during the disruption is shown in Fig.6.18. It is diﬃcult to
determine the exact amplitude of the displacement on the plasma boundary.
Depending from the fitting procedure for T0,0 in Eq.3.20, the amplitude of
the displacement on the plasma boundary is varied between 0.3m and 0.5m.
This big amplitude of the external kink destroys the plasma confinement.
Evolution of the temperature profile during the disruption (see Fig.6.19)
shows the thermal quench which is typical for disruption events.
It was shown that the external kink mode causes the disruption in our
case. This mode is the typical reason for disruptions in advanced scenario.
On the other hand in a similar discharge (#15119) no disruption did occur,
and only an internal collapse of the plasma happens. A possible explanation
for that is the smaller value of β N ≈ 1.9 compared to the previous discharge
#15117 with β N ≈ 2.1 (see Fig.6.20). Stability of external modes strongly
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Figure 6.16:
Displacement eigenfunction from ECE measurements
(#15117, t = 1.01248s).
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Figure 6.17: FFT amplitude for B-camera during the disruption (#15117, t =
1.024s, Channel 10 don´t work).

Figure 6.18:
Displacement
(#15117, t = 1.024s, ECE) .

eigenfunction
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during

the

disruption

Figure 6.19: Temperature profile during the disruption for several time points
(#15117, ECE).

Figure 6.20: Normalize beta for discharges with disruption due to an external
kink mode (#15117) and without (#15119).
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depends on the plasma pressure, and higher β N drives external kink mode
unstable. Besides, the q-values at the plasma edge were also diﬀerent for
these discharges: q95 ≈ 4.4 (#15119) and q95 ≈ 4.0 (#15117). The higher
value of the "safety factor" increases the magnetic shear, which leads to
higher stability [86, 87]. Unfortunately, the quality of the MSE signals for
these discharges is not suﬃcient to perform reconstructions of the q-profiles
inside the plasma.
For an ideal external kink mode the growth time should be about the
Alfvén time. This will be checked in the following: assuming exponential
growth
ξ max = ξ 0 · eγ exp ·∆t ,

where ξ max /ξ 0 ∼ 40 and ∆t ≈ 3 · 10−4 s, then γ exp = 14750s−1 . This experimental growth rate cannot be compared directly with the Alfvén time. In our
discharge, β N increases (see Fig.6.20) during the mode growth and influences
on the growth rate of the mode [88]. Assuming continuous increase of β N ,
β N = β 0 (1 + γ h t), the experimental growth rate reads
γ exp

µ ¶2/3
2
1/3
∼
· γ 2/3
,
mhd · γ h
3

where γ mhd is the growth rate of the mode without heating and γ h is the
heating rate (for this discharge γ h ≈ 3.75s−1 ). Consequently, the characteristic growth time of the mode τ (τ ≈ 1/γ mhd ≈ 0.35 · 10−7 s) is about the
√
Alfvén time (τ A = a µ0 ρ/Bφ ≈ 0.8 · 10−7 s). This fact demonstrates the
ideal character of the instability.
An investigation of the reasons for disruptions in previous experiments
on ASDEX Upgrade also show large amplitudes of external kink modes.
Moreover, the ECE measurements detected a coupling of the external (4, 1)
kink mode to infernal (2, 1) mode [74]. The resulting mode generally causes
a disruption about 1ms after its onset due to the global character of the
eigenfunction (see Fig.6.21). The stability analysis based on the equilibrium
reconstruction using the MSE measurements, the kinetic pressure profiles
and magnetic measurements lead to an eigenfunction which agrees very well
with the corresponding displacement from ECE measurements. The other
important diﬀerence is β N -value (for discharge #12224, β N ≈ 1.65 − 1.7).
The normalized beta is smaller for this cases. Consequently, the limiter discharge (#12224) has smaller stability compared to the separatrix discharges
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Figure 6.21: (a) Calculated and (b) measured (ECE) eigenfunctions for the
mode activity causing the disruption in the discharge #12224 at about 1s.
The mode has a large amplitude at the plasma edge, indicating the coupling
of the (2, 1) infernal mode to the (4, 1) external kink (this figure is from
Ref.[74]).
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Figure 6.22: Displacement eigenfunction of an internal (3, 1) mode appears
before the disruption (#15263, ECE measurements).
#15117 and #15119. This advantage of separatrix discharges compare to
limiter discharges was also confirmed by CASTOR calculations in Ref.[89].

6.3.2

Disruption due to internal modes

The growth of an internal mode also may lead to disruption. An upper single null discharge #15263 is considered here. In this discharge a disruption
occurs at about 1s. Magnetic measurements detect (3, 1) mode activity before the disruption. This mode achieves an amplitude of about 1cm at the
beginning (see Fig.6.22) and grows up to 5cm just before the disruption (see
Fig.6.23). During the disruption, the amplitude of the displacement increases further and the form of the displacement is changed (see Fig.6.24).
One peak of the displacement becomes much larger then the other. These
changes are usual for non-linear evolution of tearing modes when the amplitude of its perturbation becomes large [90]. Nonlinear simulation of tearing
modes in cylindrical geometry also verify this behaviour [35]. In our case,
the displacement reaches a maximum amplitude up to 15cm − 20cm (about
30% of the minor plasma radius). This value is very big compared to typical
internal modes with max (ξ 0 ) ∼ 3 − 5cm and brings to disruption by an
upper vertical displacement of the plasma column (position of the plasma
current was measured and shows the direction of the disruption). In the
moment of the disruption the (3, 1) tearing mode grows to a large amplitude
(see Figs.6.25, 6.24).
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Figure 6.23: Displacement from ECE measurements just before the disruption (#15263). There is the well-marked (3, 1) mode at ρ ≈ 0.45(R = 1.92m).
Moreover, there is an inner (3, 1) mode at ρ ≈ 0.25 (R = 1.83m). The both
mode have resistive character which is confirmed by phase jumps of ECE.
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Figure 6.24: Displacement in the moment of the disruption measured by
ECE (#15263).

Figure 6.25:
(#15271).

Displacement measured by ECE during the disruption
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It is interesting to note that the disruption due to the internal modes
is much slower t#15263 ≈ 1.2ms compared to the external mode disruption.
This fact again demonstrates the resistive character of the (3, 1) mode.
Now we compare these discharges (#15271, #15263) with the previously
described external kink mode case (#15117). The main diﬀerence between
these two cases is the higher toroidal field Bφ , Bφ(15271) = 2.782[T ] and
Bφ(15263) = 2.788[T ], for discharges with the (3.1) tearing mode compare to
the external kink discharge: Bφ(15117) = 2.493[T ]. Since the q-value at the
plasma edge depends from the toroidal field, q95 ∼ Bφ /Ip , and the plasma
current Ip is practically the same, discharges #15271 and #15263 have larger
q95 values compare to the external kink mode case (#15117). This would
lead to higher values of the magnetic shear and can stabilize the external
kink mode.
In addition, the MHD analysis also provides information about the shape
of the q-profile just before the disruption. Since there is no q = 2 activity, the
reversed shear q-profile should have qmin higher than 2. At the same time,
there are two q = 3 surfaces at ρ = 0.25 and ρ = 0.45. These hints can be
used for equilibrium reconstruction.

6.4

Possible improvements of the operation
limits

In previous sections diﬀerent types of MHD activity in advanced tokamak
scenario were investigated. Thus, in order to extend the operation regime
one should find a way to control these MHD instabilities. In general, investigations of ASDEX Upgrade reversed shear discharges have shown that the
plasma confinement is limited by the following instabilities:
• Double tearing mode which appears due to coupling of two tearing
modes with the same helicity
• Ideal external modes localized on the plasma boundary
• Internal (3, 1) tearing mode located on the middle of the plasma radius
In order to prevent the formation of the double tearing mode an optimized
q profile has to avoid close double rational surfaces. Moreover, the shape of
the q-profile should avoid the (3, 2) neoclassical tearing mode (qmin > 1.5)
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[74]. For these modification of the q-profile an active control of the current
and pressure profiles is necessary. The ideal external kink can be stabilized
by a conducting wall and a feedback system. At present, the wall is too far
away from the plasma and cannot provide a suﬃcient stabilizing eﬀect. All
these possibilities to extend the operation limits are under discussion [74].
The internal (3, 1) tearing mode appears as the reason for the disruptions in
recent discharges with separatrix (Upper Single Null discharges). This mode
has resistive character and is the subject of current investigations.
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Chapter 7
MHD instabilities and
equilibrium reconstruction
In this chapter we discuss additional benefits, which one can gain from the
MHD analysis and note further steps in this direction.
An investigation of the MHD instabilities in the plasma is closely connected to the plasma equilibrium. The plasma equilibrium determines the
shape of the q-profile. On the other hand, the MHD perturbations are easily
excited only on the resonant surfaces (q = m/n) that are not covered ergodically by magnetic field lines. The analysis of the MHD phenomena using
the MHD-IC code provides the displacement eigenfunction ξ and shows the
position of rational surfaces in the plasma.
In a previous paper, the position of the q = 1 surface for the equilibrium
reconstruction was obtained via detection of the (1, 1) kink mode from SXR
data [21, 91]. Our analysis is applied to improve the equilibrium reconstruction using arbitrary (m, n) mode structures. For instance, this improvement
of the equilibrium reconstruction was shown for a double tearing mode in the
previous chapter (see Fig.6.5). This betterment is especially important in the
plasma core region where the large error bars of the MSE measurements do
not allow for an accurate determination of the q-profile. Until now this type
of analysis is the only opportunity to determine the position of the inner
rational surface when ECE measurements do not exist in the core region due
to the cut-oﬀ density restriction.
One typical example of the equilibrium reconstruction for the ITB discharge (#13149, t = 0.7s) is shown in Fig.7.1. There are two diﬀerent qprofiles in this figure. One is constructed using only the MSE measurements.
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Figure 7.1: There are two diﬀerent q-profiles (#13149). One is constructed
using only the MSE measurements. The other applies also information about
the position of the q = 2 surfaces derived from the MHD analysis.
The other applies also information about the position of the q = 2 surfaces
derived from the MHD analysis (two (2, 1) modes). Indeed, the inclusion the
MHD information essentially influences on the q-profile. Such improvements
of the equilibrium are intensively used and can be applied also for the old
discharges without MSE measurements1 .
These betterment of the equilibrium reconstruction can be extended further. Using the measured displacement eigenfunction (SXR, ECE), it is
possible to calculate the perturbation current. As the perturbation current
following from this displacement and that derived from the Mirnov measurements have to agree, one finds information of the plasma equilibrium, mainly
determining the magnetic shear at the rational surface. This is the subject
of a further improvement of the code.

1

Operation of the MSE diagnostic on ASDEX Upgrade was started from the discharge
#10800 (7 channels) and was improved from the discharge #11800 (10 channels).
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Chapter 8
Summary and Conclusions
The tokamak operation often is restricted by the growth of large scale MHD
instabilities. They may lead to restrictions in operation regimes or even to
disruptions (dramatic events in which the plasma confinement is suddenly destroyed). For their avoidance, it is of special importance to understand the
reasons for their appearance. This can be gained either directly from the spatial structure and the time behaviour of the instabilities or from a comparison
of the mode structure with theory. Unfortunately, for the complicated mode
structures, the already available tools (tomographic reconstruction etc.) often cannot resolve the mode structure.
In this thesis, a new combined method for an investigation of the MHD
activities in fusion experiments has been developed. The main advantages
of this approach are the simultaneous use of several diagnostics (magnetic
probes, soft X-ray cameras, electron cyclotron emission measurements and
motional Stark eﬀect measurements) and the possibility for a direct comparison of theory predictions with the experimental observations. This method
has been implemented into the MHD Interpretation Code (MHD-IC). The
code simulates the experimental observations related to a given plasma perturbation for the diagnostics mentioned above, accounting for real plasma
geometry and for measured plasma parameters. Then the calculated values
are compared with the corresponding experimental data. This algorithm simplifies the identification of the mode structures. In addition this procedure
allows for a direct comparison with theory. As all available diagnostics are
used simultaneously in the code, even the interpretation of weak MHD activity becomes possible. The developed method is much more powerful than the
previously developed MIC code [16] which is restricted only to the magnetic
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measurements. Moreover, the assumed profile of the perturbation current in
the MIC code was too simplified to allow for reliable conclusions. As shown
in chapter 3.2, the use of a realistic current profile is necessary and allows for
a successful interpretation of the magnetic measurements. To demonstrate
the power of the developed method it has been applied to diﬀerent types of
instabilities in various operation regimes of ASDEX Upgrade tokamak.
Thus, for example in chapter 5.2, fishbone instability was investigated in
discharges with diﬀerent angles of neutral beam injection and for diﬀerent
β N values in conventional tokamak scenario. This fishbone instability occurs
as a result of the resonance between the rotation of trapped fast particles
from the injected beam and the toroidal wave velocity of the instability. It
was demonstrated that the eigenfunctions have the form of ideal (1, 1) kink
modes for low β N values (β N 6 1.7 − 1.8) and get a resistive character for
higher β N values and thus higher driving forces. This result confirms the
previous investigations [59] that fishbones can give a much stronger eﬀect on
the plasma parameters than expected from an ideal instability.
The main analysis eﬀorts were focused however on more demanding examples of the more complicated mode structure in advanced tokamak scenarios. Unfortunately, the accuracy of standard techniques like tomographic
reconstruction often is not suﬃcient to resolve the mode structures in these
cases. It has been shown that our combined method of the analysis using the
MHD-IC code however is able to give detailed information about the mode
structure even in these more complicated cases.
The double tearing mode (DTM) is one of the characteristic types of
MHD activity in advanced tokamak scenario. This mode can appear when
two tearing modes with the same helicities (m, n) are coupled. As shown in
chapter 6.1, the measured eigenfunction shows a strong coupling between the
two rational surfaces, and agrees well with theoretical predictions. Another
test of the applied method was the determination of the stability parameter
∆0 as derived from the measured displacement eigenfunction. Comparing the
growth rate resulting from this technique with the actual measured one as
well as with that resulting from a theoretical stability analysis (using the
CASTOR code) yields very good agreement. This example proves that even
the details of the determined eigenfunction must be correct as the stability
parameter ∆0 is very sensitive to the actual shape of the perturbed vector
potential at the rational surface.
The time evolution of MHD instabilities accompanying the formation of
an internal transport barrier (ITB) was investigated in an advanced scenario
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discharge in chapter 6.2. The displacement eigenfunction was reconstructed
for several time points during this internal transport barrier formation. It
was found that the MHD activity which accompanies the internal transport
barrier formation (and probably triggers it [80]) locates around the minimum
of the q-profile and consists of two coupled (2, 1) modes.
A disruption is a dramatic event in a tokamak discharge in which the
plasma confinement is suddenly destroyed. Thus, it is of particular interest to investigate reasons for the disruptions which often occur in advanced
tokamak scenarios. The MHD activity causing a disruption was investigated in typical reversed shear discharges on ASDEX Upgrade in chapter
6.3. Detailed analysis demonstrates that there are two MHD modes which
lead to disruption: an external kink mode with a maximum amplitude up to
0.3m − 0.5m during the disruption (#15117) and an internal (3, 1) tearing
mode with a maximum amplitude about 0.15m − 0.2m during disruption
(#15236, #15271). This analysis show that the external kink mode leads to
disruptions when q-value at the plasma edge is small. Higher q-values provide a higher magnetic shear and can stabilize the external kink mode. In
this case disruptions can occur due to the internal (3, 1) tearing mode.
Additional benefits which can be gained from the MHD analysis are discussed in chapter 7. The structure and the position of the observed MHD
phenomena have been used to improve the equilibrium reconstruction. In
a previous paper, the position of the q = 1 surface for the equilibrium reconstruction was obtained via detection of the (1, 1) kink mode from SXR
data [91]. Our analysis is applied to improve the equilibrium reconstruction
using arbitrary (m, n) mode structures. Since the safety factor q = m/n, and
the MHD analysis provides information about the positions of MHD modes,
we have a set of points for q-profile. For instance, this improvement of the
equilibrium reconstruction was shown in chapters 7 and 6.1. This betterment is especially important in the plasma core region where the large error
bars of the motional Stark eﬀect measurements (MSE) do not allow for an
accurate determination of the q-profile. Until now this type of analysis is the
only opportunity to determine the position of the inner rational surface when
electron cyclotron measurements (ECE) do not exist in the core region due
to the cut-oﬀ density restriction. This is important to identify the reversed
shear q-profiles in advanced tokamak scenario.
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Further work
Future work will be focused on further improvements of the method and
the investigation of new MHD phenomena. The first eﬀect which will be
implemented in the code is the toroidal coupling of (m, n) mode to (m ± 1, n)
modes for a more accurate description of the eigenfunction. This part of the
code is under development right now.
The next improvement will be related to the perturbation current. As
was mentioned before, the measured displacement eigenfunction (SXR, ECE)
completely describes the spatial structure of the MHD instability. As the
perturbation current following from this displacement and that derived from
the Mirnov measurements have to agree, one can find important information
of the plasma equilibrium, mainly determining the magnetic shear at the
rational surface.
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Appendix A
ASDEX Upgrade parameters
Major plasma radius
Minor plasma radius
Plasma height
Plasma elongation
Plasma aspect ratio
Plasma volume
Total mass of the plasma protons
Plasma current
Discharge duration
Plasma density
Average plasma temperature
Heating power

R0
a
b
s = b/a
A
Vplasma

1.65m
0.5m
0.8m
1.6
3.3
13m3
2 · 1021 = 3.3mg
Iplasma
2 MA
tD
10s
ne
≤ 3 · 1020 m−3
Ti = Te
5keV
P [M W ] 20(N B I) , 5.7(IC R H ) , 1.6(E C R H )

Cross-section of the ASDEX1 Upgrade tokamak are shown in Fig.1.2.

1

ASDEX means Axial Symmetric Divertor EXperiment.

94

Appendix B
Perturbation flux from a ”step
current” model
In this appendix we calculate a perturbation flux from a ”step current” assumption and compare it with a perturbation flux from the tearing mode
equation in cylindrical geometry.
The current perturbation due to a tearing mode is usually localized around
the corresponding rational surface. The ”step current” approximation assumes that the perturbation current flows only inside a thin cylinder (see
Fig.B.1) and its value depends only on the poloidal angle
j = j0 cos (mθ),

(B.1)

where m is the poloidal mode number. To be precise, we consider that the
cylinder consists of small equal wires. Each of the wire has its own current
according to Eq.B.1. The magnetic potential Az for a single wire is:
Az = −

µ 0 I r∗
ln
,
2π
a

(B.2)

where r∗ represents the distance to the wire and I is the current in the wire
(see Fig.B.1). The magnetic potential of the cylinder results from integration
over the poloidal angle:

µ
ψ(r) = o
2π

Z2π
0

jo cos(mθ)2r0 a ln(

p

r02 + r 2 − 2rr0 cos (α − θ)
)dθ .
a
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(B.3)

Figure B.1: “Step current” model. Perturbation current exists only in the
narrow region and has angle variation proportional to cos(mθ).
In our case ψ = −Az and r∗ 2 = r0 2 + r 2 − 2r0 r cos (α − θ). From B.3 it
follows:
¡
µo
ψ(r) =
jo r0 a 2
2π
Z2π

Z2π

r
cos (mθ) ln ( )dθ +
a

0

cos (mθ) ln (1 + (

0

¢
r0 2
r0
) − 2( ) cos (α − θ))dθ
r
r

(B.4)

The first integral is always equal to zero. Making the substitution γ =
for the second integral [92]:
I =

Z2π

cos (mθ) ln (1 + γ 2 − 2γ cos θ)dθ =

0

γm

 −2π
m−m
=
γ

 −2π
m

r0
r

(B.5)

if γ 2 < 1 - outside region
.
if γ 2 > 1 - inside region
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(B.6)

Figure B.2: Perturbation fluxes and perturbation currents for a (3, 2) mode
resulting from the tearing mode equation and from a ”step function” assumption (rres = 0.81). One can see the significant diﬀerence between the "step
current" assumption and the tearing mode calculations.
Consequently, the resulting flux is the following:
 µ
r m
 − 0 j0 r0 a( 0 )
outer region
m
r −m
ψ=
.
 − µo j0 r0 a( r0 )
inner region
m
r

(B.7)

We demonstrate the diﬀerence between this assumption and a real perturbation current shape assuming that the perturbation flux at the plasma edge
being the same. The perturbation fluxes from Eq.B.7 and from the solution
of the tearing mode equation in cylindrical geometry have been evaluated for
a (3, 2) tearing mode. For a realistic current profile these fluxes as well as
the perturbation currents are substantially diﬀerent (see Fig.B.2).
The discontinuity ∆0 of the flux function corresponds to the stability of
the tearing mode [93]. This parameter is defined as: ∆0 = (ψ 0+ − ψ 0− )/ψ(r0 ),
where ψ is the perturbation flux of the tearing mode. Instability occurs
for ∆0 > 0. For the ”step current” model this value is fixed and always
smaller than zero: ∆0 = −2m/r0 . A real perturbation current has unequal
positive and negative parts [94, 95]. Consequently, the ”step current” model
represents only stable tearing modes when the negative (or positive) part of
the perturbation current is negligible. This yields that more careful treatment
is necessary to interpret the magnetic measurements.
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Appendix C
CASTOR and XTOR codes
In this section we briefly describe the CASTOR and XTOR codes. These
codes represent two typical approximations applied to the MHD equations
(1.3 - 1.8). The CASTOR code solves the linearized MHD equations and
assumes the amplitude of the perturbations to be much smaller than the
corresponding unperturbed quantities. The XTOR code solves the MHD
equation directly. The results from both codes have been used in this work.

C.1

The CASTOR code

The CASTOR code was developed by W.Kerner and J.P.Goedbloed [96, 29].
Assuming the expansion u (x, t) = u0 (x) + Re{eλt u1 (x)} for all variables
in Eqs.(1.3 - 1.8) one can obtain the system of linearized resistive MHD
equations [97]:
λρ1 = −v0 · ∇ρ1 − ρ1 ∇ · v0 − v1 · ∇ρ0 − ρ0 ∇ · v1
λT1 = −v0 · ∇T1 − (Γ − 1)T1 ∇ · v0 − v1 · ∇T0 − (Γ − 1)T0 ∇ · v1
λρ0 v1 = −ρ1 v0 · ∇v0 − ρ0 (v0 · ∇v1 + v1 · ∇v0 ) − ∇ (ρ0 T1 + ρ1 T0 )
³
´
+ ∇ × B0 × B1 + ∇ × B1 × B0 /µ0
³
´
λB1 = −v0 · ∇B1 − B1 ∇ · v0 + B1 · ∇v0 + ∇ × v1 × B0 − η∇ × B1 /µ0
λp1 = −v0 · ∇p1 − Γp0 ∇ · v0 − v0 · ∇p1 − Γp0 ∇ · v1
λρ0 v1 = −ρ0 (v0 · ∇v1 + v1 · ∇v0 ) − ∇ (ρ0 T1 + ρ1 T0 )
³
´
+ ∇ × B0 × B1 + ∇ × B1 × B0 /µ0
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These equations are solved by the CASTOR code in a general toroidal geometry, where the equilibria are assumed to be axisymmetric. Consequently,
the eigenfunctions are two dimensional.

C.2

The XTOR code

The XTOR [6, 7, 98] and CHEASE [30, 99] codes are applied to simulate
MHD equilibrium and stability of tokamak plasmas. The CHEASE code
calculates an equilibrium in toroidally symmetrical geometry with plasma
cross-sections of arbitrary shape. XTOR uses the equilibria calculated by
CHEASE to perform calculations of 3D MHD mode evolutions for a given
number of toroidal and poloidal mode numbers including coupling between all
of these modes. The XTOR code produces non-linear calculations involving
the equilibrium n = 0 toroidal mode and employs for these calculations an
eﬃcient semi-implicit time-advance schemes [100]. This allows to carry full
time simulations of various MHD phenomena in realistic tokamak plasmas.
Equations solved in the XTOR code are the following:
∂v
= ((∇ × B) × B − ∇p) − n(v · ∇)v + ν∆v
∂t
∂B
= ∇ × (v × B) − ∇ × (η∇ × B)
∂t

n

and
∂T
∂t

= −(Γ − 1)T ∇ · v − v · ∇T + ∇ · χ⊥ ∇T +
h ³
´
i
B · ∇ χk B · ∇T /B 2 + H(r)

∂n
= −n∇ · v − v · ∇n
∂t
or

³p´
1
∂p
= −Γp∇ · v − v · ∇p + ∇ · χ⊥ n∇
+
∂t
n
n
h
³
³ p ´´
i
1
B · ∇ χk n B · ∇
/B 2 + H(r)
n
n

where H(r) is the heat source, χk and χ⊥ are the parallel and the perpendicular transport coeﬃcients respectively, and Γ is the adiabatic coeﬃcient.
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The user can choose either the pressure or separate density/temperature
evaluation [100]. The current version of the code has been widely used in
a variety of problems. The non-MHD eﬀects were included lately in the
code. Unfortunately, there are problems with the applied numerical scheme
concerning these non-MHD eﬀects.
The XTOR code was intensively used to simulate diﬀerent types of MHD
instabilities inside the plasma. The results of these numerical simulations
are employed in the MHD-IC code as initial guesses for the displacement
eigenfunction and the perturbation currents.
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Appendix D
The MHD Interpretation Code
D.1

Applicability of the MHD-IC code

The MHD-IC code has been developed to investigate MHD activities in the
ASDEX Upgrade tokamak in advanced and conventional tokamak scenarios,
and for resistive and ideal modes.
The method allows to find the shape of the displacement eigenfunction
even if the MHD activity is weak and this shape cannot be resolved by other
methods (tomographic reconstruction etc.). Toroidal coupling to higher mmodes is not considered in the calculations so far.
In addition, the structure and the position of the MHD instabilities can
be used to improve the equilibrium reconstruction of the plasma.

D.2

Installation and user guide

Introduction
The MHD-IC code is written in FORTRAN 90 and has about 13.000
lines. The code is constructed in a modular fashion which allows to change
the programme easily. Results of MHD-IC calculations are stored in special
".dat" files and a set of MATLAB utilities has been developed to work with
these results. The computation time for a single MHD-IC code run is about
6 − 7min. on an average SUN machine. Structure and approximations of the
MHD-IC code were discussed in chapter three. In this section we describe
how to install and use the MHD-IC code.
Installation
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In order to install the code one should make the following steps:
• Create a directory for the code in the home directory, for example:
/codes/mhd_ic/
• Copy all files into this directory from the following subdirectory:
~vgi/codes/user_mhd_ic/

• Set a path to the directory and name of the operation system:
>setenv MHD_IC_HOME ${HOME}/codes/mhd_ic
>setenv OBJECTCODE Solaris
• Finally, compile the MHD-IC code by typing:
>make
At the end an executable file named "mhd_ic.Solaris" will be created.
Input files
An input configuration file has name inpXXX.cf. The XXX represents
a specific number of the input file. Each X has to be an integer between 0
and 9. In order to start the MHD-IC code, this input number is specified
after the name of the executable file in the command line. For instance, if
we have the input file "inp210.cf" type:
>mhd_ic.Solaris 210
Main parameters of the input files
These parameters should be specified in order to read shotfile information:
• Name of the experiment (1=AUGD, 2=AUGE, ...)
• Diagnostic (1=FPP, 2=EQU, 3=EQE)
• Shot number (12224, ...)
• Time (0.7, ...) in seconds
• Edition of the shotfile
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Then we determine the plasma profiles and chose the type of MHD instability:
• Type of values for the plasma radius (1=ρpol , 2=ρtor ).
• Use experimental profile for temperature and density (t=true, f=false)
• Type of instability (20=double tearing mode, 16=ideal (1, 1) kink,
161=resistive (1, 1) kink, 18=several uncoupled modes)
• Name of diagnostic for Te profile (CEC,... the same as for jj-subroutines1 )
• Name of Te profile (trad-a, ... the same as for jj-subroutines)
• Name of diagnostic for the density profile (CON=parabolic or the same
as for jj-subroutines)
• Name of the density profile (ne, ... the same as for jj-subroutines)
• Rotation of the mode (should be true(=t) for simulation)
• Number of resonant surfaces
For each resonant surface one should specify following parameters:
• Poloidal mode number (m)
• Toroidal mode number (n)
• Frequency of the mode (only for several uncoupled modes, in other
cases 1.0)
• Position of the resonant surface (ρres in flux coordinates, ρ = 1 on the
plasma boundary)
• Width of the island (W )
• Phase (initial phase shift of the mode)
• Parameters for the perturbation current function Jpert
1

These special subroutines were designed to read experimental profiles (author
C.Fuchs). The latest version of a manual for these routines is available from WWW
(http://www.ipp.mpg.de/common/jj/profile.html)
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— first point of the current function (r1 in Eq.3.7)
— first coeﬃcient of the current function (α1 in Eq.3.7)
— second coeﬃcient of the current function (α2 in Eq.3.7)
• Parameters of the temperature perturbation or the displacement eigenfunction ξ 0 (ρ) in Eq.3.1.
— behaviour inside the island (b in Eq.3.2)
— decrease outside the island (c in Eq.3.2)
— relative amplitude of the peaks (d in Eq.3.2)
— amplitude of temperature perturbation (as percentage of max.
temperature)
IMPORTANT: The ordering of the resonant surfaces should start from
the most outside mode. All modes must be sorted in decreasing order of ρres !
Data files
All information necessary for calculations are contained in special ".dat"
files in subdirectory "data". For example, if one need to change the parameters of an SXR camera it can easily be done by changing information in one
of these files.
Getting started
As far as you have the executable file and a correct input file you can
start a calculation by typing
>mhd_ic.Solaris 210
>u
>ra=3
The last two commands are similar to the MIC code[32] and specify the
type of the calculation for magnetic measurements. These commands choose
a branch of calculations which include the influence of screening currents in
internal vessel structures. At the end of the calculation all results will be
written in ".dat" file in the "matlab_data" directory.
Modification of the code
It is possible to introduce various analytical functions with diﬀerent number of parameters in order to describe an instability. Usually, the number of
the parameters is big and not all of them are in the input file. Each user can
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easily change the code and introduce a new displacement eigenfunction ξ 0 in
Eq.3.1 (kink_SXR.f90) or current profile Jpert (r)(interp.f90). The faster way
is to implement a new "case" construction with a new "type of the mode"
number.
If one would like to read an equilibrium from a private shotfile it can be
done by adding a new option in file "ggeo.f90". (Names of the input variables
are written in "mic_io.f90".)
Matlab scripts
Since the FORTRAN 90 language is not adapted well for graphics, a set
of MATLAB2 scripts were developed to visualize the MHD-IC code results.
These scripts can also work directly with experimental data. Two of these
scripts are described here. Before using them one should change paths to
the home directory in the source files ("vubor.m" and "sxr_vis.m"). These
scripts read all information about plasma equilibrium and simulated MHD
activity from ".dat" files in the "\matlab_data" subdirectory of the current
working directory. Thus, one can also use the other software to analyse these
data. In order to choose between ρpol and ρtor one should specified it in the
input file of the MHD-IC code.
The first script "vubor" has been developed to plot profiles (jpert (ρ),
q (ρ), ξ (ρ) , ..), SXR lines of sight, perturbation fluxes and so on. The most
important options allow to plot ξ (ρ) (option 24) and to compare amplitude
of the magnetic measurements with experimental values (option 25). The
experimental value of the amplitude should be written in a file before calculations. It can be done using the "mtr" program (author M.Maraschek)
existing on all Unix machines (Read data-> Calc.FFT-> Spectrum-> Back
FFT and Save).
The second script ("sxr_vis") gives a possibility to read experimental
data from the SXR and the ECE diagnostics on the ASDEX Upgrade and
compare these date with MHD-IC simulations. The most important options
are following:
• Calculation of the FFT transform for a simulated SXR signal (option
10)
2

In order to start the MATLAB one should type in the command line:
>matlab
>addipplib
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• Calculation of the FFT transform for an experimental SXR signal and
comparison with the simulated one (option 8)
• Calculation of the SVD eigenvectors for the experimental SXR signal
and comparison with the simulated one (option 7)
• Calculation of ξ (ρ) and ξ (R) from the experimental ECE signals and
comparison with the simulated displacement (options 15,17)
• Plot of the FFT phase of the ECE signals (option 18)
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Appendix E
List of abbreviations
ASDEX
DTM
ECE
FFT
ITB
MHD
MHD-IC
MSE
NBI
SVD
SXR

Axial Symmetric Divertor EXperiment
Double Tearing Mode
Electron Cyclotron Emission
Fast Fourier Transformation
Internal Transport Barrier
Magneto-hydro-dynamics
MHD Interpretation Code
Motional Stark Eﬀect
Neutral Beam Injection
Singular Value Decomposition
Soft X-ray
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